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ABSTRACT. The famous dispute between Protagoras and Euathlus concerning Protagoras’s
tuition fee reportedly owed to him by Euathlus is solved on the basis of practical argu-
mentation concerning actions. The dispute is widely viewed as a kind of a logical para-
dox, and I show that such treating arises due to the double confusion in the dispute nar-
rative. The linguistic expressions used to refer to Protagoras’s, Euathlus’s and the jurors’
actions are confused with these actions themselves. The other confusion is the collision
between the pairs of incompatible actions ambiguously expressed by two different pairs
of sentences, one of which is a propositionally consistent pair whereas the other is an
inconsistent one. The actional (practical) paradox solution aims to clear up these confu-
sions by means of two core borderlines, propositional and expressive, drawn between
the actions and the propositions. The propositional distinction says that actions are em-
pirical facts and they lack truth values unlike propositions, which are mental entities and
are often employed for referring to the actions. This distinction helps to avoid the confu-
sion between the empirical incompatibility of actions and the truth-functional incon-
sistency of propositions. The expressive distinction claims that although the same lin-
guistic sentences can be used to refer both to actions and propositions, two empirically
incompatible actions can be expressed both by a pair of inconsistent propositions as well
as by a pair of consistent ones. Therefore, the action of Protagoras’s getting paid may be
linguistically symbolized in four different ways: Protagoras gets paid due to the verdict,
Protagoras gets paid due to the contract that amount to Protagoras does not get paid by
the contract and Protagoras does not get paid by the verdict respectively, and likewise for
Euathlus’s actions. The two distinctions are used for classifying the two groups of para-
dox solutions, legal and logical, proposed so far depending on which of the two confu-
sions they purport to escape from. The actional reconstruction of the paradox suggests
that there is only one single agent in the dispute, Protagoras, while the other named Eu-
athlus is a phantom, which most probably was invented by Protagoras himself for the
sake of creating this challenging sophism.
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1. Introduction: the story and the paradox

Several ancient historical sources tell a story which is now known as Paradox of
court, or Euathlus paradox.’ The story is as follows:

The famous sophist Protagoras took on a pupil, Euathlus, on the understanding that the
student will pay Protagoras for his instruction after he wins his first court case. After in-
struction, Euathlus decided to not enter the profession of law, and Protagoras decided to
sue Euathlus for the amount owed.

Protagoras arqued that if he won the case he would be paid his money. If Euathlus
won the case, Protagoras would still be paid according to the original contract, because
Euathlus would have won his first case.

Euathlus, however, claimed that if he won, then by the court's decision he would not
have to pay Protagoras. If; on the other hand, Protagoras won, then Euathlus would still
not have won a case and would therefore not be obliged to pay.

The case has embarrassed the jurors to such a degree that they refrained from
taking a decision, as Aulus Gellius reports in Attic Nights:

Then the jurors, thinking that the plea on both sides was uncertain and insoluble, for fear
that their decision, for whichever side it was rendered, might annul itself, left the matter
undecided and postponed the case to a distant day.

We will examine how the jurors’ escaping from the explicit support of either of
the conflict parties’ claim in their ‘no verdict’ for the case is connected to what
constitutes the paradox.

Let us take a closer look at where the paradox is stemming from. There are two
challenges that constitute the core subject matter of the dispute between Protag-
oras and Euathlus:

(i) what the jurors ought to decide?

(ii) how Protagoras can get paid for his instruction of Euathlus?

We regard (i) and (ii) as challenges and not just as dispute or paradox issues be-
cause satisfying them requires both providing a certain reply and a warranting
justification for it. It is easy to see that in the paradox story the replies to (ii) stip-
ulate the reasons for the replies to (i). In what follows we will show that the para-
dox arises in consequence of two confusions: the minor confusion of the roles (i)
and (ii) play in the argumentation as presented in the original story, and the ma-
jor confusion of the actions to which (ii) refers, with the different linguistic de-

' The story survives in the three sources: Aulus Gellius's Attic Nights (Rolfe 1927, 5.10); Quintil-
ian’s Institutes of the Orator (Butler 1921, III, 1, 10); Diogenes Laertius’s The Lives and Opinions of
Eminent Philosophers (Hicks 1933 IX, 56). The three narratives of the story vary in some side de-
tails such as the amount of the payment agreed and etc., but the core idea of the paradox appears
similar in all three of them. Cf. Axsreguanu 2010, where a different account of how the payment
has been agreed is given, which corresponds to none of the three sources.
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scriptions of them. Our actional paradox solution clarifies the major confusion
and with this help resolves the minor one, too.

Let us consider (i) and (ii) in more detail. It is easy to see that challenge (ii)
can be reformulated as

(ii') how Euathlus can legitimately avoid paying the tuition fee to Protagoras?
Although conceptually (ii) and (ii') are presented as incompatible in the story,
and once (ii) is satisfied and Protagoras gets paid by Euathlus, this is exactly the
case when (ii") is not satisfied, which amounts to Euathlus not having escaped
from paying the fee, so both (ii) and (ii") can play the role of a sound reason for a
reply to (i) in an equally good manner.

Observe two aspects of this connection between (i) and (ii):

(a) Either of the replies to (ii) and (ii*) can constitute the content of the reply to (i)
and can be equally well justified for that by the arguments;

(b) When taken by themselves abruptly out of the paradox narrative, the two pos-
itive propositions describing the definite replies to (ii) and (ii") as well as their
negative counterparts can be both satisfied and this makes no contradiction in-
side the two pairs, for the two linguistic descriptions of the situation in which (ii)
and (ii') are both satisfied are perfectly compatible with each other, and this is so
for the pair of their negative counterparts, too:

(ii-s) Protagoras gets paid for his instruction of Euathlus.

(ii'-s) Euathlus legitimately avoids paying the tuition fee to Protagoras.

(—ii-s) Protagoras does not get paid for his instruction of Euathlus.

(—ii*-s) Euathlus does not legitimately avoid paying the tuition fee to Protagoras.

What in fact makes (ii-s) and (ii’-s) appear as confronting each other is the empir-
ical aspect of the situation according to which it is Euathlus who is expected to
pay the fee to Protagoras but who would like to legitimately escape from doing so.
Those Euathlus’s actions that cannot be performed together at the same time by
him are paying the fee and not paying it at the same moment, for whenever Eu-
athlus pays the fee this immediately results in not having avoided it, and vice ver-
sa. However, the linguistic expressions employed to describe these two incompat-
ible actions of Euathlus’s paying and not paying may vary, and whereas some
pairs of sentences used for that are clearly contradictory as Euathlus pays the fee
and Euathlus does not pay the fee, or (ii’-s) and (- ii*-s), others are not so. An ex-
ample of the latter is (—ii-s) and (ii'-s). This observation suggests the first hint of
the paradox solution: the actions that are incompatible to be performed together
linguistically can be described by different pairs of sentences, some of which can
be contradictories, while others are not so.
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Let us develop this distinction between the actions and the propositions a bit
further. The narrative of the paradox explicitly tells us of the two actions at ques-
tion (along with their negative counterparts), namely, Protagoras’s getting paid
and Euathlus’s paying, and these two actions, passive and active, apparently are
meant to be performed by different agents: the former — passively by Protagoras,
and the latter - actively by Euathlus. Despite this and the fact that they can be
expressed by a pair of perfectly compatible propositions, the actions referred to
in the positive replies to (ii) and (ii') cannot be realized together at the same
moment inasmuch as it happens to the actions described by (ii-s) and (ii*-s): per-
forming the action described by a positive reply to (ii) amounts to not performing
the action which a positive reply to (ii') is taken to signify, and vice versa. There-
fore, regarding the paradox’s descriptive formulation we can use either of the re-
plies’ formulation (ii) and (ii*), positive or negative, and thus disregard the dis-
tinction between them, since it is a contingent and empirical distinction referring
to the actions’ propositional descriptions and not to actions themselves. As con-
cerns the two actions themselves, which play a crucial role in the paradox solu-
tion, we will carefully distinguish between them along with doing so with respect
to their propositional description in (ii-s) and (ii'-s).

The fact that one of the paradox issues can be represented by two pairs of lin-
guistically distinct propositions, which describe the incompatible actions alt-
hough themselves are perfectly compatible to each other propositions, is the key
aspect of our solution based on drawing the borderline between actions and
propositions. Since the propositions describing the outcomes of the lawsuit do
not contradict each other, unless they are taken not as the descriptions but as
representations of the actions performed by the two disputants, we can conclude
that the collision lies in the realm of actions and not in that of their propositional
descriptions. In other words, although the conflict in the story amounts to the
incompatible actions meant to be performed in reply to (i) and (ii) by some
agents involved in the dispute, and not to the propositions used to describe the
situations achieved as the result of what has been done by the agents, what
makes the story look paradoxical is using two different pairs of propositions for
describing one and the same pair of (incompatible) actions. The paradox arises
due to the fact that the four propositions which form up these two pairs, namely
(ii-s), (ii'-s), (— ii-s), (—ii*-s), can be paired in two distinct ways, one of which re-
sults in a contradiction, when a pair at question is made up by the proposition
and its negation, for example (ii-s) and (- ii-s), or (ii*-s) and (—ii'-s), whereas the
other way gives a consistent pair of propositions, for example, (ii-s) and (ii'-s), or
(—1ii-s) and ( —ii'-s).
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In order to show this in section 2 we consider distinctions between the actions
and the propositions and observe how these affect the practical arguments in
which actions can play the roles of premises or conclusions. With the help of
these distinctions in section 3 we analyze the paradox and in section 4 outline its
legal and logical solutions suggested so far. In section 5 we propose our actional
solution based on these two distinctions.

Section 2. Actions, propositions and practical arguments

The logical difference between actions and propositions amounts to two key
properties connected to each other: we call them expressive and propositional.
The propositional property concerns their abilities to be evaluated in terms of
truth and falsity and, consequently, their capability to be premises or conclusions
of the valid inferences. The expressive property shows how actions and proposi-
tions are handled with respect to what they are used to signify. These two proper-
ties illuminate both what actions and propositions have in common as well as in
what they essentially differ. Therefore, considering them will unveil those aspects
of confusions between the actions and the propositions which stem out of when
what differentiates them is taken to be equally common to them, and vice versa.
We argue that two of such confusions are the sources of the paradox.

The expressive property can be viewed as a common property of actions and
propositions, for they both can be expressed linguistically by means of certain sen-
tences formulated in some language, and this common property may give rise to
the confusion which facilitates the paradox. To find the tools for conveying actions
other than using sentences of some language is far from being an easy task. One
and the same linguistic expression can be used and is in fact often used to refer to
the proposition as a mental entity expressing the action or as the factual result of
performing it as well as the action itself. This is what we have in (ii-s) and (ii'-s)
(and in their negative counterparts), each of which can be equally treated both as
referring to the sentence in English expressing the proposition and to the action. It
is the reason why many analysts view the paradox in court as a kind of a logical
paradox in which some proposition ambiguously proves to be true along with its
negation, as with Euathlus pays the fee and Euathlus does not pay the fee. Contrary to
this, we propose to treat this paradox as a puzzle about colliding actions between
which no such truth-value-based inferences are possible.

In the logical enquiry, irrespective of how rigorously or vaguely the linguistic
expressions used for reference to something might be, propositions and actions
ought to be carefully discriminated. Propositions are mental entities employed to
describe some facts, actions, evaluations or any other objects to which the intel-
lectual activity turns. Propositions can be true or false and, for logical reasons,
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whenever a proposition is true, this also means that its negation cannot be true at
the same time. Thus in an inconsistent pair of propositions the truth of one of its
members follows from the falsity of the other. These two aspects of propositions,
namely, their truth-functionality and the applicability of the principle of non-
contradictoriness to them, enable them to be premises or conclusions of the valid
inferences in which the truth value is transmitted from the true premises to the
conclusions, thus turning the latter necessarily true.

Actions are not mental entities like propositions but are empirical facts. They
neither describe anything, nor can they serve as premises or conclusions of infer-
ences in the way propositions do. Actions cannot be evaluated as true or false in
the same way as propositions. Moreover, contrary to what the non-
contradictoriness principle says, one and the same action as long as it has not
been performed yet can be both realized and left unrealized by the same agent.
Thus, in the paradox, Euathlus has two options of how to act at the same time: he
can pay the fee inasmuch as he can refrain from doing so. These two options do
not differ in what concerns the actions themselves which, of course, are impossi-
ble to be performed together. The difference is rather empirical, with respect to
the situation or to Euathlus’s personal preferences what to do. After an option to
act is realized by an agent, the other option ceases to be realizable, and that is
why Euathlus’s paying the fee according to the contract means his not-paying it
according to the verdict. It is crucial to differentiate the empirically based rela-
tions inside the pair of the incompatible actions and the logical relations between
the propositions in the inconsistent pair of them: the former are causal and they
are relations between the empirical facts whereas the latter are mental and they
are based on the truth values of the propositions.

Nevertheless, actions can play the roles of premises and conclusions in the
practical arguments which contrary to the deductive arguments are construed in
terms of transmitting actions’ satisfiability and not in terms of that of truth val-
ues.” Such are legal decisions including those giving a reply to (i). Beside being an
action itself, a legal decision changes the status of a definite action. For example,
the jurors’ decision makes obligatory any of the two actions, Euathlus’s paying or
non-paying the fee. Such arguments are called practical in contrast to the propo-
sitional arguments, which may in contrast be called theoretical in this respect.
The arguments providing replies to (ii) belong to practical ones, too. To say that
actions are absolutely unable to serve as premises or conclusions of any valid ar-

* We take the satisfiability in an actional sense, as pointing to the fact that the action is per-
formed, and not in a descriptive sense, as a corresponding indicative proposition describing this
fact. We abstract ourselves from the controversial question whether actions and descriptive prop-
ositions have the same propositional content or not.
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guments is just another way to maintain that the legal decisions which include
actions as their necessary elements are either not the conclusions of some argu-
ments (and that instead there exists something else that plays the role of such
conclusions), or they are a signal of the arguments’ invalidity. It is clear that prac-
tical arguments are not deductive and that their validity has to be determined
otherwise than that of propositional inferences (/Iucaniok 2015, 283-286), but
this core difference in the arguments’ validity definition does not prevent legal
arguments from being valid arguments. The same can be said regarding the ar-
guments expressing medical decisions, which are also practical (JIucaniok 2016).

Although the contradictory relations between a proposition and its negation
cannot be plainly applied to actions, there are certain relations between actions
that can do a similar job. These are incompatibility relations between actions. Be-
fore one of actions A or —A is realized by an agent o both doing A as well as refrain-
ing from it - —A are available to . Contrary to this, after a has chosen A (and did
A), —A - doing becomes no longer available to o (in the same situation), and vice
versa (for choosing —A). If the jurors in their reply to (i) decide that Euathlus has to
pay the fee, this immediately rejects their possible decision to support Euathlus’s
claim. Such incompatibility of actions is practical and not truth-functional, for it
depends on the empirical choice of the agent, and it must not be confused with the
contradictory relations between the proposition describing the resulting situation
after the action has been performed with its negative counterpart.

The rational justification of such agentive choice, whenever it exists, is an ar-
gument that demonstrates why the agent has picked out this particular alterna-
tive of the action done. At the same time this argument also demonstrates why all
other actional options have been rejected by the agent (Searle 2001, 265). In this
respect the practical argument functions in a way similar to a valid propositional
inference, the conclusion of which refutes the contradictory conclusion of the
contrary inference. Therefore, since actions and propositions differ in the terms
used for their evaluation and since they both can give rise to some cases of in-
compatibility, such cases will necessarily differ in the kinds of the incompatibility
relations established between their legs and thus will require diverse approaches
for their solution. The actional incompatibility should not be confused with the
propositional inconsistency, in spite of the fact that these two are the kinds of
incompatibility.

Section 3. The analysis of the Paradox

In the paradox there are three essential issues that generate ambiguities when
Protagoras and Euathlus switch their positions regarding those issues in their
practical arguments. They are
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(1) Does the contract include the cases in which Euathlus is a party of the
conflict?

(2) Does this lawsuit comply with the contract?

(3) Does Euathlus have to pay the fee?

Let us call them Contract dispute, Lawsuit dispute and Fee dispute respectively.
According to the paradox narrative, Protagoras and Euathlus have two lines in
their argumentation, each of which is construed out of Protagoras’s and Euath-

lus’s positive or negative replies to (1) — (3), we will call them P- and E-lines:

P1

E1

No, the contract does not include the
cases in which Euathlus is a party of the
conflict

Yes, the contract includes the cases in
which Euathlus is a party of the conflict

No, this lawsuit does not comply with
the contract;

Yes, this lawsuit complies with the con-
tract

(3+) | Yes, Euathlus has to pay (according to | (3-) | No, Euathlus does not have to pay (ac-

the jurors’ decision) cording to the jurors’ decision)
P2 E2

(1+) | Yes, the contract includes the cases in | (1-) | No, the contract does not include the

which Euathlus is a party of the conflict cases in which Euathlus is a party of the
conflict

(2+) | Yes, this lawsuit complies with the con- | (2-) | No, this lawsuit does not comply with
tract the contract

(3+) | Yes, Euathlus has to pay (according to | (3-) | No, Euathlus does not have to pay (ac-

the contract, as he has won)

cording to the contract, as he has lost

the case)

It is easy to see that depending on the conclusions needed in support of their
claims, both Protagoras and Euathlus in one argumentation line adopt a positive
reply to one of the issues (1) — (3), but choose its negative counterpart in the oth-
er. Observe that although the replies are linguistically expressed by the pairs of
the inconsistent propositions, in fact they are not propositions themselves but
actions of adopting certain replies in the framework of a definite line. Due to be-
ing actions and not propositions they are compatible together at the same mo-
ment, as long as one of them is not satisfied. Besides, choosing a positive or a
negative reply is equally available to Protagoras and Euathlus. Contrary to that,
asserting the contradictory pairs of the linguistic sentences expressing these ac-
tions will inevitably result in the inconsistency of the argument. Therefore, both
Protagoras and Euathlus do not theoretically draw valid conclusions from the
premises construed out of the propositions expressing their replies to (1) — (3),
picking either positive or negative ones, but not altogether in one inference. In-
stead they perform actions of choosing between the options of the replies availa-
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ble to them for the sake of producing practical arguments in support of their
(practical) claims. This suggests that what we face in the story is no logical para-
dox which would imply truth-functionally ambiguous propositions but a kind of
game-like practical reasoning of weighing pros and contras.

Section 4. The paradox solutions

In this section we will show that majority of the paradox solutions, which fall into
two groups, legal and logical, amount to drawing additional distinctions for the
sake of making some arguments in E- and P- lines weightier than others.’? Doing
so can help to find a reply to (i) by means of justifying preferences in reply to (ii),
which otherwise is far from being easy to adopt as uncontroversial. We will also
demonstrate how these additional distinctions pave their diverse ways for dis-
criminating either among the propositions representing different aspects of the
actions referred to in the paradox narrative, or between the actions and the
propositions describing them.

The jurors who concluded to deliver no verdict for the case apparently had
been seeking for a decision the evidences in support of which would have been at
least a shred stronger than any of the objections that might have been cast
against it, once no irrefutable decision is available in the case. However, since the
jurors seem to have treated both decisions available — that Euathlus is to pay the
fee and that he is not to pay it - as equal in terms of their ability to be justified and
refuted, they tried to refrain from deciding the case. As E- and P- lines demon-
strate, each of the two decisions has both a justification and a rejoinder to it,
what results in equally good arguments in favor or against the two in the table
thus making any of would-be taken jury’s decisions refutable in their core issues.
Three aspects regarding this strange output are essential in our discussion of the
paradox solutions. One of them has to do with the jurors’ ‘no verdict’ for the case;
the other one recapitulates distinctions between logical and legal paradox solu-
tions; the third brings to light a conceptual property characterizing all the sug-
gested solutions. As we will see, the first aspect, which we will demonstrate be-
low, follows from the second, and it is the first one that will give us a clue how to
classify the solutions.

In fact, by ‘no verdict’ the jurors did not fully succeed in refraining from decid-
ing the case, for although their mute step down may be viewed as accomplishing
the goal of giving no reply to (i), there is a good reason to say that they did not

3 We abstract from discussing the game-theoretical solutions in a separate group, since they
develop the perspective of calculating the disputants’ contributions and arguments in the vein of
adding extra scores into their positions by means of their refinements. Cf,, for example, Cersi0B
2005, 372.
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avoid deciding the case. The jurors’ ‘no verdict’ made the premise describing their
(possible) definite decision invalid for both P- and E-lines of argumentation,
which indirectly supported (E2) line. Their ‘no verdict’ step to some extent plays
into Euathlus’s hands, since it secures the situation just as it appears when Pro-
tagoras has been ineffectually waiting to be paid following Euathlus’s success in
court, and as neither of these did happen, he went to the court himself. The ju-
rors’ refusal to decide the case leaves Euathlus’s debt to Protagoras unpaid, which
is quite proximate to the objective Euathlus has been arguing for. For this reason,
many analysts consider such jurors’ conduct as legally or procedurally wrong,*
and point to the fact that it is the jurors’ core obligation to decide the cases in
front of them, and the only way to avoid executing this obligation for a juror is to
step down.

Observe that the jurors’ decision is not just a collection of sentences express-
ing some events’ evaluations meant to be accepted by the parties of the conflict
but instead is a performative act which implies definite consequences imposed
on the parties who by means are made obligated to obey it in their future con-
duct. The jurors’ ‘no verdict’ implicitly supports Euathlus’s claim, for although it
does not cancel his disputed debt, contrary to Protagoras’s claim it imposes no
obligation on Euathlus. In Fee dispute both E- and P-lines refer to the jurors’ defi-
nite action as to its decision of the case, but their ‘no verdict’ corresponds to nei-
ther of the two possible actions expected in reply to (i). Consequently, at the
moment when in favor of their claims Protagoras and Euathlus advance their
practical arguments in which they incorporate the premises referring to the ju-
rors’ action of providing a decision of the case, no such jurors’ action exists and all
the options for making it are still equally open to be picked out by the jurors. This
prompts one to look for some additional temporal distinctions between the ac-
tions which would discriminate those realized and thus eligible for being decisive
premises in the practical arguments from those not realized and ineligible for
that so far. The juror’s ‘no verdict’ falls into the latter group.

The so-called ‘two-case’ solution to the paradox proposed by many analysts
including Leibniz, Valla, Smullyan is based on the idea of a temporal distinction
and it purports to bring back the premise of the definite jurors’ decision to the
argument. This solution discriminates between (1-) and (1+) and (2-) and (2+) in
such a way that in the earlier lawsuit the jurors reject Protagoras’s claim because
of (1-) and (2-) and thus adopt (E2), but in the later one they take the earlier ver-
dict as the additional premise that validates their second decision in the vein of
(P2). In this way, the idea of adding some temporal distinctions is inspired by log-

* For example, L.Valla (Nauta, Copenhaver 2012, III 13, 3-31), Leibniz (Artosi et al. 2013, 88), R.
Smullyan (Cmasutuas 2005, 131).
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ical reasons of finding a firm premise for the conclusion and contributes to the
legal ‘two case’ solution (Lenzen 1977).

A substantial explanation for the ‘no verdict’ step of the jury can be found in
the very distinction between the legal and the logical solutions of the paradox.
Regarding the legal ‘two-case’ solution, this distinction relies on a logical tem-
poral discrimination which provides the necessary additional premise and thus
makes one of the genuinely equally powerful (E2) and (P2) lines of argumenta-
tion weightier. Generally, the legal solutions aim to propose the ways of how to
justify the jury’s reply to (i), whereas the logical solutions suggest how to create
auxiliary and good premises for that by means of replying to (ii). To put it other-
wise, the legal solutions show how to act in (i) and the logical ones provide per-
suasive arguments for that in (ii). This is one of the reasons why some recom-
mendations in the legal group do not rely on any of the logical solutions, trying to
stick to legal aspects either of the dispute itself or of the judicial ways of its reso-
lution in the court (Sobel 1987), (Jankowski 2015).

The legal solutions fall into four groups.® The first is the two-case solution al-
ready mentioned above. Another group of the legal solutions called ‘unduly’ de-
velops the idea of adopting (E2) line. According to the ‘unduly’ solutions, the ju-
rors may look for auxiliary evidence. For example, they may investigate why
Eauthlus did not start his career in court after completing Protagoras’s course as
he had been intending to; or they may observe the principle according to which
any service including Protagoras’s instruction to Eauthlus deserves a fair price to
be paid for; or they may just point to the undue time for Protagoras’s claim thus
encouraging him to wait until Eauthlus starts his intended career along with the
recommendation to Eauthlus to take on a case. The third group of legal decisions
amounts to the idea of calculating the arguments with respect to the burden of
proof in the dispute, and in this vein Protagoras loses his lawsuit. Since Protago-
ras’s and Euathlus’s arguments are equal in weight, the disputant bearing the
burden of proof loses. As Protagoras is a plaintiff, it turns the score in favour of
Euathlus. The fourth group of the legal solutions may be called a counter-
historical one. In Ancient Athens, citizens, including both defendants and accus-
ers, were obliged to represent themselves in court, but outside the courtroom it
was allowed to hire a logographos for preparing a speech which then would be
personally presented afore the jurors. But for this rule of self-representation, Eu-
athlus could hire a lawyer, thus taking this case out of the scope of his contract
with Protagoras, making it invalid as a subject case for the payment and replacing
premises (1) and (2) in all four lines with some newly developed argumentation.

5 See a discussion of these in Jlucaurok, Mukuptymos 2009 and MBuH 2004, 269—271.
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The logical solutions, falling into two groups, suggest how to validly justify or re-
fute some of the possible legal solutions. The first group observes additional dis-
tinctions in Protagoras’s and Euathlus’s argumentation and it includes the ‘tem-
poral’ solution discussed above. L. Aquist proposes to rank the conditions
mentioned in the contract into necessary and sufficient thus turning the latter
into stronger arguments’ premises than the former (Aquist 1995). For example,
we can treat premise (1) as sufficient, which will make premise (2) necessary, or
vice versa. This approach can assist in ruling out the problem of the equal
strength of the justification and the refutation and in this way provides support
for a certain legal decision. Aquist’s solution clearly develops the perspective of
discriminating among the propositions in the vein of the ‘two-case’ solution, in-
asmuch as all the rest logical solutions do. Another proposal in this group ad-
vances the idea to formulate the notions of ‘the first case’ and ‘the first won case’
in a more rigorous way, preferably with the help of Russell’s theory of logical
types (Northrop 1944, 51-52). Thus it contributes into choosing between the posi-
tive and the negative replies in Court and Lawsuit disputes. In some sense all the
three proposals, ‘temporal’, ‘necessary \ sufficient’ and ‘logical types’ are designed
in a similar way to the effect of clarifying the contract conditions by means of ex-
panding them with some further distinctions. Furthermore, all the three match
with either ‘two case’ or ‘unduly’ legal solutions, for they enlarge the number of
arguments involved and thus break the initial equational balance between the
justification and the refutation of the possibly replies to (i). However, all these
logical proposals are ad hoc patches, for although they suggest some extra prem-
ises to the effect of a more detailed description of the paradox narrative, they
leave the initial issue (ii) opt to the juror’s verdict, which due its being an action
remains ineligible to serve as a premise before being realized. Such patches prop-
ositionally bypass the paradox resolution at the expense of its actional grace.

The same can be said as regards the second group of the logical solutions,
treating the paradox as a particular case of self-reference and suggesting two neg-
ative accounts of it, which can be both viewed as an invitation for further inquiry
into the paradox roots. According to one of them the paradox is just an incorrect
application of a condition to itself: the condition in the contract refers to the ju-
rors’ decision, which refers back to the condition in the contract. The second
negative account points to the invalidity of the arguments on both sides, for the
contradiction in the arguments equally cancels them. The reason for this is that
in the antecedents of the conditionals used as their arguments Protagoras and
Euathlus employ inconsistent pairs of propositions which consist of a proposition
and its negation.
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The third aspect of the jurors’ ‘no verdict’ stems from the core perspective to
which all the so far proposed legal and logical solutions belong, namely, from the
fact that by hook or by crook they all end up with obligating Euathlus to pay the
disputed fee to Protagoras. In the context of this perspective, only ‘no verdict’
takes a stand which can be viewed either as a mute support of Euathlus’s claim,
or as... giving birth to this centuries long debate about how to solve the paradox,
the debate which again seems to bring grist to Protagoras’s mill in the vein of the
proposed solutions. In the next Section we will show why Protagoras is in fact the
only beneficiary of this sophisticated story.

5. The actional solution

There are three aspects of our actional solution: actional proper, cognitive and
historical. The cognitive and the historical aspects are derivative and complimen-
tary, for they rely on the actional solution with which we will start considering
them in turn.

E- and P-lines of argumentation give us four possibly routes but they lead to
just two clearly distinct outcomes, E(3-) and P(3+). This perfectly corresponds to
our differentiation between actions and propositions, for there are only two ac-
tions at question - paying and not-paying — in favor or against which the argu-
mentation lines are construed. Recall that the incompatibility of actions and the
inconsistency of propositions are epistemologically different: the former stems
from the empirical fact which has to do with certain physical agentive impossibil-
ity to perform the two (or more) definite actions at once, whereas the latter
amounts to the logical impossibility for the proposition and its negation to be
true at once where empirical impossibility plays a contingent role. In other
words, whenever two actions are incompatible, they are so empirically and thus
irrelevant to whether they are a pair of performing something and refraining from
it, or just two actions which cannot be realized together by one agent. An incon-
sistent pair of propositions is always made up out of a proposition and its nega-
tion, and although such a pair of propositions may describe what in fact exists
along with its non-existing counterpart, the inconsistency relation is established
between the two propositions as mental entities and not between the two facts.
With this in mind let us now look at how these two actions are described in E-
and P-lines.

The action described as not-paying in E1(3-) — according to the jurors’ deci-
sion — is the same action of paying as described in P2(3+), for although the two
descriptions are propositionally inconsistent with each other, nevertheless, they
both symbolize one and the same action when Euathlus pays the fee to Protago-
ras after winning his case, which amounts to his not-paying according to the con-
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tract. Similarly, the action propositionally referred to as not-paying in E2(3-) - ac-
cording to the contract, after Euathlus has lost the case — is identical with the ac-
tion referred to as paying P1(3+) due to the jurors’ decision. This is so due to the
fact that in the paradox narrative the empirical incompatibility between Euath-
lus’s paying and not-paying at the same time sheds light either towards the de-
scriptively presented reasons for these actions to be performed or not, or in the
direction of the jurors’ whose actions ambiguously are employed as a certain
premise. Most of the legal paradox solutions discussed above pursues a way to
draw distinctions among these diverse descriptions of the actions.

In our everyday conversational discourse the same action often can be linguis-
tically expressed by inconsistent propositions which may illuminate its aspects in
an incompatible manner, and such examples are seldom treated as paradoxical.
For example, the action of marrying Suzy Mae performed by John Dow can be
propositionally described as both his marrying her for love, his marrying her for,
say, career and not for love, as well as his marrying her because of their official
engagement to each other. On the other hand, John’s marrying Suzy Mae, for love
or otherwise, is John's not-marrying any other girl at the same moment. Despite
the fact that John’s initial intention was to marry Suzy and not to not-marry any-
one else, his action of not-marrying is rather regarded as the causal consequence
of the former than its different linguistic description, inasmuch as in the incon-
sistent pair of propositions the negation of one of them is implied by the negation
of the other.

Consequently, the actional solution of the paradox brings us to the contention
that Euathlus pays the fee to Protagoras anyway, which amounts to both (ii-s)
and (— ii'-s) if we take the action of Protagoras’s getting paid by the contract as
the same to Euathlus’s action of avoiding paying by the verdict. This can be de-
scribed as both (ii’-s) and (- ii-s), too, if we treat the action of Euathlus’s not-
paying by the contract as the one of Protagoras’s getting paid by the verdict. The
phantom contrary action descriptions of the paradox narrative represent these
two actions of Euathlus and Protagoras, each along with its ghost alternative, and
does so by means of the two pairs of the inconsistent propositions, (ii-s) vs (— ii-s)
and (ii'-s) vs (— ii'-s), which ambiguously imply each other’s negations and which
follow from another pair of the propositions that are used to describe actionally
incompatible decisions of the jurors, which are likewise both possible before a
verdict that once given turns them incompatible. Keeping to the actions them-
selves and not to the propositions representing them in analyzing the narrative
efficiently breaks this circuit of phantomlike descriptions of already realized and
would-be actions and unveils what is done indeed. Therefore, the actional solu-
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tion we advocate here is perhaps best represented by concluding that Protagoras
gets paid anyway, irrespective of how this action is described.

Let us now turn to the cognitive and historical aspects of our paradox solution
which also provide support for both the contention that Protagoras gets paid an-
yway in this dispute and for choosing the terms of paying rather then not-paying
for its representation. The cognitive aspect suggests an explanation for our con-
clusion that there are only two strategies in four E- and P-lines of argumentation,
(1), (2-) and (1+), (2+), and that the two discussants are identical in how they em-
ploy them. Although the two lines seem to imply four outcomes, in fact there are
only two of them, as we have just observed, and even this pair of dispute out-
comes describes one and the same action. Are there two distinct discussants
then? If yes, how to discriminate between them in this dispute then? One may
look for a cognitive difference in how they think or behave, but the paradox nar-
rative gives no clue there. As presented in the narrative, neither the actions the
two perform (or are intended to), nor their beliefs advanced in the arguments
prompt where the cognitive borderline between Protagoras and Euathlus is. Con-
sequently, it must be concluded that there is only one agent who is presenting his
narrative of the sophism, and it is Protagoras. This is the cognitive reason why
Protagoras gets paid anyway: just because it is his story of how he got paid any-
way, be it by his pupil Euathlus or by anyone else. The historical aspect of the so-
lution amounts to the fact that other than in the paradox narrative there is no
historical evidence that Euathlus has ever existed, as far as I know.

6. Conclusion

There are three reasons why Protagoras gets paid anyway in this story. The ac-
tional solution relies on the two kinds of the distinctions, propositional and ex-
pressive, between sentences formulated in some language and used to describe
Protagoras’s and Euathlus’s actions. The propositional distinction shows why Eu-
athlus’s paying the fee according to the contract is identical with his not-paying it
according to the jurors’ decision, and vice versa. In this way the propositional dis-
tinction provides the core actional solution of the paradox. The expressive dis-
tinction explains how and why one and the same action can be described by pairs
of the inconsistent sentences, and sheds light on the confusions between the ac-
tions and the linguistic expressions employed to describe them. In this vein the
expressive distinction illuminates the roots of the paradox.

In the paper, we have observed the paradox narrative as an example of practi-
cal argumentation and outlined the four lines in such argumentation, two for
Protagoras and two for Euathlus, what has led us to the conclusion that in fact
there are only two lines of argumentation, not four of them, and they both arrive
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at two sentences, and not to four of them. Moreover, these two sentences de-
scribe one and the same action.

The cognitive and the historical aspects of our paradox solution suggest that
Euathlus is a phantom in this narrative, which is Protagoras’s story of how he gets
paid anyway irrespective of who his disciple was. The cognitive aspect points to
the fact that whenever the actions and the arguments of two agents in the dispute
are identical no distinction can be drawn to discriminate between them. There-
fore, there is just one agent, and it is Protagoras, for there is no historical evidence
of Euathlus’s existence other than this sophism.
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