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edgt of the other. What good is a political teaching that has no ground in ontology,
epistemology, or cosmology? What explanarory power do such theories have if they
cannot make sense of the totality of political phenomena, the most primary fact of
ordinary experience? This simple insight is, | believe, a profound one because the
cotirage of the philosophical Eros is equally as requisite as the ratiocinarive power of
dianoia for giving a logos of the totality of Being, if not more so in late Modernity,
although Plato places the two on exactly even footing at (344a2-b1}. Orherwise
stated, ir would seem that Plato téaches thar the philosophical Eros aims at unifying
the unstable dualism of theory and practice, of theeria and phronesis. This has the
consequence that the topos of the unity of theory and pracrice is the human soul
and not the Hegelian Absolute Spirit. This ineffable and unperfectable unity can be.
regarded as an image of Wisdom understood as the unreachable goal of philosophy;
as an image of a complere and fully discursive Logos of the totality. of Being; or as
an image of absolute self-consciousness beyond the unending quest for the dialecti-
cal extension of self-knowledge. Thar is 1o say, philosophy aims not simply at a
coherent whole of theory and practice but rather ar a good and coherent whole of
these two moments of thoughr and action. In one last re-formulation due o my
colleague Barry Gilbert, the conditions of the possibility of ordinary experience are
not the same as the conditions of the good ordering of ordinary experience. But
they are the same in the releological sense thar the philosophical Eros aims at a good
unity of theoty and practice, as is clear from the fact thar we distinguish between
better and worse attempts at such unification. This contradiction, this rorn-har-
mony, is the Truth at which Philosophy aims.

—— T o b

The Synthetic Relation in Hume
Stephanie Rocknak

Introduction

Here we will see that contrary 1o the party line, Hume's notion of a “relation"
should be understood, in alf cascs, as a peculiar non-necessary syntheric relation;
unique bur similar in a cemain constnictive sense to whac I characrerize as a
mathematical notion of synthesis.! And most controversially, I argue that this non-
necessary synthetic notion of a relation incudes Hume's arithmetical relations,
which have typically been interpreted as cither "amalytic”, necessary, or both.?

But before I launch into the specifics of this argument, let me ar least sketch the
context of the broader project it is imbedded in - my dissertation. Doing so might
help the reader berter understand the deeper historical and philosophical signifi-
cance of understanding 24 relations in Hume as nor only synthetic, bur as non-
necessary as well,

In its most general sense, my dissertation concerns the identification of cerrain
fundamental aspects rooted in Hume's cpistemology with equally fundamental
aspects roofed in Quine's epistemology. In particular; 1 show that both men, for
vatious reasons, arc forced o depend on a very weak notion of belief 0 account for
a specific, but entircly pervasive epistemological problem: the problem of induc-

Ler it be nored thac this paper is just a skezch of what will appear in my dissertation. This is
the case due to length restraing,

See for starvers, W. V, Quine's paper "Two Dogmas of Empiricism", in: From « Logical Poimt
of View, 2nd Ed., Cambridge 1980. Note in particular the line: “Kant's cleavage berween
analytic and synthetic truths was foreshadowed in Hume's distincdon berween relations of
ideas [arithmeric] and matrers of fact [non-irithmeric]. See also Alexander Rosenberg's paper
"Hume and the Philosaphy of Scicnce”, pp. 80-81, in the Cambridge Companion o Hume,
edited by I0.F, Norron, Cambridge University Press, 1994. Sce also Galen Strawson's and
Antony Flew's respective books: The Secret Connevion; Causasion, Realism and David Hume,
Oxford 1989 and Dawid Hume: Philosopher of Moral Science, Basil Blackwell, 1986. For
somewhar similar te what 1 argue here, both claim thar Hume thought necessity was
psychological in all cascs. As we will see, 1 attempt to take this a siep further and show thar
necessity drops out altogether - even in a psychological sense.
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tion. For according 1o both Hume and Quine, we may only justify the general
truths/knowledge that both admit we do possess,? in terms of purely psychological,*
non-rational belief:

As part of showing that both Hume and Quine rely on this weak notion of
belief, I must show how and why they rule out other possible answers to the prob-
lem of induction. These answers include, among others,? an appeal to the a priori
or similarly, to the nesessary.¢ For if Hume and Quine did appeal to the a priori ot
the necessary, they could have subsequently rurned to mathematical probabiliry” to
answer the problem of induction.®

3 Of course, Hume and Quine are both skeprical philosophers in regard (o just whar extent we
doactually possess this knowledge. However this is another story and anc that docs not
direedy concern us heee.

4 Roughly, this is opposed to rclying oo "rasienal belief, which Keynes, one of the originators
of probability theory, thought probability turned on. Nore: "When we argue that Darwin
gives valid grounds for our accepting his theory of nazural selection we do me# simply mean
that we are prychologically inclined vo agree with him; ic is cermain that we also intend to
convey our belief that we arc acting rarionally in regarding his theory as probable.” (4 Traatise
om Probability by John Maynard Keyncs, London, 1957, p. 5). Secat least Chapter §.of my
dissertation for more detail,

5 As1sesit, there are three fimdamental ipproaches to this problem: 1. We muay appeal o 4
priori premises to formulate some kind of Principl of Induction, These premises may be
thought of as "exeernal’, £.8. The Law of the Universality of Nature, or "inéernal’, e.g.
“innate ideas or rules” such as Kant's "principle of universal causation”. Logical o
mathematical laws may fall into cither of these catcgories; where in cither case, one of both
may or may not be understood as ravionality par excellmce. 2. Rather than appealing to 2
priovi premises, we may inscead appeal 1o 2 Popperian notion of “falsification” which aceually
‘denies that there & induction; representing as well, 2 rejéction of probability dheory chat
might rely on either a priori principles or "inductive principles”. This is Popper's notion of
“deductivism", 3s first spelied out in The Logic of Scientific Discovery. 3. Qr, rather than
appealing to any of the above, we may appeal toa péychological ability to simply Sefieve that
some gencral truths must bold 25 such; this belief being a funcrion of repetition, or 25 Hume
would have it, custom. Or likewise, 2é Quine would have it, community affirmation. See at
Jezst the Iniroduction and Chapter 1 of my dissertation for more degail,

6  Although useful distinctions can and have been made berween the necessary and the & priori,
we need not spell them out in this paper.

7 Here we should also note that claiming that gencral knowledge is probable is distince from
claiming that general knowledge may be stricty dedated, or formally pur, is distinct from
claiming that Sx . ¥x $x is valid, We should note that $x .. Vx Sx {which reads informally:
Because x is an § in at least one casc, then in euery case x must be an §) is nar nath prescrving.
This is the case becanse inductive inferences introduce new information. As such, inductive
inferences may penerate a True-False conditional, which as shown in elementary logic, is
falsc. For instance, if 1 claim that [A] | have been sneezing all moming, therefore [B] ! have
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With this very general overview in mind, realize chat by showing thar Hume, like
Quine, rejects the broad epistemnological notion thar there are "ewo distinet kinds of
Wﬁoi_&ma.. - Le., quite roughly, that he rejects a substantive distinction berween

analytic” nnu...g&w&n.. knowledge, where the former is 4 prieri and/or necessary
EH_. the o&uﬁ. is not - we see precisely why Hume, like Quine, may not appeal to the
notion of necessity nor to the # prierf to account for the problem of induction.?

Thus, in short, by showing that aff relations in Hume are a particular kind of
non-necessary synthetic, we see two things: [A] Precisely why, like Quine, Hume
may not appeal to either @ priori premises (e.g. "The Law of the Universality of
Nature") or mathematical probability to account for induction. [B] Like Quine
JE long before Quine, Hume attemprs to dismarntle the analyric/syntheric mmn_m:nu
tion, making Quine's famous paper "The Two Dogmas of Empiricism” seem mote
like a fashionablé re-write than the bold and original piece it is heralded ro be.

caugh 2 cald, it may be the casc char [A] is indeed true, bur that [B] is naf oue because my

sneezing has accually been caused by allergies, rather tha: : .
have a True-False conditional. y allergies an the common cold. Thus we would

One must tun to necessary, ot & priori premises in probability theory to avoid infini

repress. .SE is nrn case simply because if one »SN&W.E aau.”_wﬁamn““ premises, i MME&E
premises 1o justify 2 theory of induction, one must then somehow justify Zhem and so on.
Howtver, if one moma »mﬁn& to necessary premiscs, such as the Principle of Non-Sufficient
Reason, E.H_ The ?:n.ﬂ_n. of Indifference, 25 Bernoudli and Keynes respectively did, then it
seeens onc’s w.&. recoursc is to n—om__.._nmnEv..uﬂnv. these premiscs. For how else could one
_ﬁno;rn.u ) munn... it is worth noting how Popper phrascd this very problem in The Logic of
.wnnaémn Discovery: ™At this stage | can disregard the fact that the believers in inductive logic
entertain.an idea of probability that 1 shall later reject as highly unsuitable for their own
purposes ... | can m.a 50 because the difficilties mentioned are not even touched by an appeal
to E.o_.x._u_.rnw. Forifa certain degree of probability is ro be assigned to statements bascd on
inductive infcrence, then this will have to be justified by involdng a new principle of
induction; appropriately modified. And this new principle in its turn will have to be justified
ubm 0 on. Nothing is gained, morcover, if the principle of induction, in its turn, is taken a0t
s 'true’ but only as ‘probable.’ In short, like cvery other form of inductive logic, the logic of
probable inference, or 'probability logic," leads cither to infinite regress, or to the doctrine of
M priorism. [ The Logic of Scientific Discovery, Routledge, 1995, p. 30]

owever, Hume dosr have a notion of "pragmaric” mathematical necessity. But this is not be

confused with a "psychological” scase of nevessity that, as such, must n%.m&p:.mw hold in pn__
our nw.ohmvn ._u_.oﬁnu_._.wnm. In facx, ﬂ”_w notion has entirely misled scholars o believe that Hume
thinks these is 2 substantive “analytic/syncheric” distincrion, i ing’ ;
But this is explained elsewhere ?H”w Euuw.w.ﬂ:nma? neion. nclding Flew and G Strawsan
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Part 1. A Brief History of the Notion of a "Relation”

To properly understand the pervasively non-necessary symsheric character of rela-
tions in Hume, we should first broadly canvas the history of the philosophical rela-
tion, Doing so will help inform my final definitien of the synthetic relation in
Hume, and furcher in my dissertation, an almost idenrical relation in Quine.

However, let it be openly admitted that the history of relations is obviously
much richer than I will make it out o be here. But for ousr somewhar restricted
purposes, we need only involve ourselves with the some of the very elementary
shifts, sothe of the very elementary concerns.

These concerns are only three in number: [1] We will sce chat the "Early” (ie.
ancient and medieval) and "Modern" (i.e, Descartes through Locke) conceprion of
the relation was based on undeistanding it primarily in terms of subjects and predi-
cates. However, the "Contemporary” (i.e. the late 19th and 20th century "analytic™)
notion of a relation is, for the most part, not formulated in terms of subjects and
predicatés. [2] We will see that as such, the "Early” and "Modern” notions of a rela-
tion were relative while the "contemporary” notion seems to have fundamentally
Iosz this sense of relativity. [3] With the exception of Kant, no philosopher explicitly
speaks of a relation that may somchow be understood as constructing. new objects,
although relarive relations scem to at least guaranzee the existence of other objects.

Generally speaking, these concerns historically unfold as follows: From Plato to
Russell, the debare has waxed and waned regarding whether a relation is an inde-
pendent object or is in some way inherent in, or predicated of, one or more of the
terms!® it is said to hold between. In other words: Is the relation R between n
terms, where n is = 2i%. some independent object holding between a and b? Or does
it somehow exist just in a as some kind of predicated property and/or qualicy!? such
as, say, being "the mother of” Further, if so, does it existin both a and b in terms
of concomirant properties and/or qualities inherent in both? And as such, may a
relation be construed as a predicate of both subjects 2 and b? But how would we do

10 | have nothing technical in mind by "eerm" here. It is merely a place holder for whatever
things relarions may hold between,

11 We will not take on the problem of seffrelation here, where n would of course, = 1.

12 There have been numerous debates over whether a given thing has "properties” as opposcd o
“qualities”, or neither. Here however, | will not enzer into this debate since it does not affect
my main argument. So rather than committing mysclf vo ¢ither 4 "property” ora “quality”, [
will say throughout 'propesty.and/er quality. and intend both to mean predicates that hold of
the given rerm or rerms.
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thar? For instance, does "the mother of" exist in a as a cerrain property and/ot
quality while the "daughter of" concomitanitly exists in b as a certain property
andfor quality? Further, if the claim is made that R somehow exists in 2 and in b,
what exaaly, if any, is the connection berween the qualities and/or properiies
existing in a and b? For instance, does such a situation engender anything akin to 2
necessary connection between at least those two inherent and related "aspects” of a
and b? For example, if sorme a is said to have the quality and/or property of being "a
mother of", must there also be some object b tha has the property and/or quality of
being the "daughter or son of 2" Further, can some x in a go a step beyond guar-
anteeing the existence of b such that ic is y and somchow construct a b such thar b is
ay? Or, as we will see 1o be the case with Russell, shall we simply disregard all the
questions noted above as curious artifacts of a distinctly subject-predicare archirtec-
ture? Instead, shall we simply posir a relation as an entircly independent entity that,
as such, entertains no substantive dependence on the terms it holds between?

‘Wich chis general picrure in mind, let's now take on just a bit more detail;
restricting ourselves to just some of the more influential western philosophers:

Plate: It's not completely clear just how we may read Plato regarding these issues;
his intentions are not entirely. consistent when understoed in terms of the entire
Platonic/Socratic corpus. For instance, in the Phaeds, Plato appears to understand
"greatness” and "smallness” as properties and/or qualities that inbere in individuals,
rather than as independent entities.!’ As such, we should understand thar Plate
formulates the relation here in rerms of a broad subjecr-predicate framework; for
roughly but accurately speaking, it is only a predicate that may be said to inbere in,
or be in some subfect. We must also note that the atuributes thar hold of a given
term a in the Phaedo seem to bear a particular kind of relationship of "rowardness”
to b, if only in the sense that greatness is grear only rélative to some thing b that is

13 Note: Socraws: "when you say that Simmias is greater than Socrates and smaller than
Phiedo, [do you not] say that there is i Simmias greatness and $mallness? [Phasdo, D102, B-
C. Translzted by H. N. Fowler, Loeb Classical Library, Harvard Universicy Press,
Cambridge, MA, 1996]. For further discussion on the inherent nature of relations in che
terms in the Phaedo, sce-also |. R. Weinburg's book Abstraction, Relation and Inducsion; Three
Eusays in the History of Thoughs, University of Wisconsin Press, Madison & Milwaukee, 1963,
p. 66. See also F.M. Cornford, Plaro and Parmenedies, London 1939, p: 78, and R
Hackfordh's Platas Phaeds, Cambridge 1955, p. 155.
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smaller than .M In this very loose sense, it may scem thar Plato thinks here (gue
Socrates) that some thing a may only be “great” or "small” if somc other thing b
exists. that is respectively, smaller or greater than a. Thus, such a property and/or
quality in a seems to guarantee the existence of a b with an appropriate property
andfor quality; for some thing a is only x (e.g, "smaller”) ralative 10 some thing b.
And we see that if a is in fact x (e:g, "smalles”), then it follows thar there st be b
such thar it is y (. "bigger"). However, there is no indication in the Phaedo that
the existence of such an a introduces or in any way generates the existence of an
appropriate b.

Further, in the Parmenedies, Plato once again rejects the idea that relations are
independent entities, i.c., "forms™."

However, in the Sophist, Plato (gua the Eleactic. Stranget) claims that the relation
*difference” is in fact some kind of "form" ¢ We mo:E..ERGS.n this to mean thar
the relation difference - D - is some independent entity holding berween a and b
while both a and b somehow "participaté” in D; but D is not predicated of cither a
and b. Thus here, Plato seems to gesture towards what we will later see to be the
19¢th-20th century logical notion of an independent nen-predicated notion of a
relation. However, as noted in the passage cited in footnote 16 of this papet, Plato
rakes this “form” of the relation D to exist only relative to other forms, what he

14 Note: "But” said Socrates, "you agree that the statement that Simmias is greater than Socrates
i$ not true as stated in chose words. For Simmias is not greatcr than Socrates by reason of
being Simmius, but by reason of the greatness he happens to have; no is he gréatet than
Satvates bocause Socrates is Socrates, buk because Socrates has smallricss relatively to his
greamess” [Phaedo, D 102 l

15 Note the Parmenedies, 149 off,

16 Note: "Stranger: Then we shall call ‘the other’ a fifch class? Or must we conceive of this and
"being’ a5 two names for one class? Theat.: Maybe. Str. Butl fancy you admit that among the
entitics some are 2lways conceived as absolute, and some as relative. Theat.: OF course. Str.:
And other is always relative to other, is it not? Theat.: Yes. Str. It would not be so, if being
and the other were not utterly different. If the othet, like being, partook of both absolute and
relative existence, there would be alse among the others that exist another in relation to-any
others but as it is, we find that whatever is other is just what it is through compulsion of some

other. Theat.: The facts are as you say. Str.: Then we must place the naturc of 2 "true other’
as a fifth amonyg the classes in which we sclected our examples. Theat.: Yes. Str.: And we shall
say that it permeates them all; for each of them. is other than the rest, nos by reason of its cwn
wasre, but becawse it partakes of the idea of the other.” [Emphasis my own, Sopbisr 255 ¢ and
d. Locb Classical Library, translated by H.N: Fowler, Harvard University Press, Cambridge
MA, 1987]. For Farther discussion rogarding the idea that Plaro takes a relacion to be an
indcpendent entity in the Sophiss, sce also Cornford's Plato’s Theory of Knowledge, p. 282.
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refers to in &n Sophist as "absolute™ forms [lines 255 c]. Thus, it seems thar if we
accept the existence of form D, iie. the relative relation D, thén cerrain absolute
forms must also éxist. For once again the reasoning is: Withour abselute forms, or
wn_&.w? even other relative forms, the relative form D would have no forms to be
a&nnz_d 8..&%«5—...52.." is once again no indication that the existence of form D
Moﬁnrai introduces, or generates the existence of these various other "absolute”
orms. ..
With just these three dialogues in mind,'” we may say that wi
vith . at with the i ;
the Sophist Plato thought: v exespion of
. [1] an.hmo” HH qualities and/or properties that hold of, or are predicated of the
given terms. In other words, hé seems to broadly und d a relation i
i o y understand a relation in terms of
Hm..u >u ucﬁr telations are rélative. That is, some thing a may only said to be x in
relation to some b that is a y. Thus it follows that if some thing a is indeed x then
there must also be some thing b thar is .

Aristacle: We now tumn to 2 quick overview of Aristorle. And again, it is op
admicted that Aristotle’s thoughits on relations are mare BBv_ﬂumMEﬁ_., _” paﬂn»nhn
&wﬁ.oﬁ to be here. But as with Plato, there are cerrain fundamental points that,
u_in_.. a good ‘historical conscience, we can simply highlight and move on. mo“.
instance, as most philosophers know, Aristotle classified relations as a category in
the nwkhsaa As such, relations were something that could be said of substance.
And this means that relations must somehow inbere in, or are predicated of sub-
stances, a .vc:: Asistotle never tums his back on. Note: “all the other things
?ﬂ.&.ﬁ primary substance] are cither said of the primary substances or in them as
subjects”18

| We must also note that Aristotle thought relarions are accidental aspects of sub-
stance; how some substance may be related to something elsc is not to be under-
stood as part of the essential nature of a substance. For instance, in order for the
_...u.mnn to be yow, it is not essential that this piece of paper is currenitly in ud__: line of
vision., That is, it is not essential that the paper be related to you in this fashion
much less ar this time and in this place. However, it is important to note n?wm

7 Granted, my discussion of i i :
e .ﬂww .“”ME:MM: of Plato is far from comprehensive. However, for cur very genetal
18 {emphisis my own] Casgories, Ch, § 221 35-36.
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because substances are reaf things - that is, not in any way o be csanancomn s_” H“MM
and/or as mental constructions - the relations that .Jarn_.n in ﬂrﬂ..n are ﬂmu be under
stood as real as well; the real cat is really wild, and is really standing in Y
In other wotds, these aspects of the cat are 20t S.EE:E of the peroriver g
With these basic points in mind, _nn.ﬂ ﬁoi.n.,_“u_”umw mﬂnmn” M“Mn w“m_:m:o&ﬂ e
in the Metaphysics, Book V, Chapter . i-parit
__HM““ Mw.uwsmmnﬁ%n... QQMMQ so will simply assure us of the relasive notion ofa
tion in Aristotle: . ..
- Things are relative (1) as double to half and n«.En to a third, nwﬂ uw. .w“H
eral that which contains something else many times to that E&M. is Mﬁ .
tained many times in something else, and that E?% exceeds Rm MM.. e
is exceeded: (2) as that which can heat to that whick can vu ea ”
that which can cut that which can be cut, and in general the ﬁﬂﬂn to ”s ‘
passve; (3) as the measurable 1o the measure and the knowable to th
knowledge and the perceptible o perieption. | .
In other words, Aristodle tells us here that there m_.,n E.Sn..gmﬁnnﬁm_u “uh=”
which we may understand how 4 thing is said to be "relative” to ”.baw\wﬂ o e
Or in other words, how a thing is said to relase vo some 2&2 ﬂrﬁhw.n&ne& g
ger aptly characterizés chese classifications in his book x_..p_aoﬂ. Medicout Theorss
1250-1325, as' respectively, "numerical, causal and psychologjcal”- For E-Mo -
poses, we should realize that in general, all three of .nrnmn types &. n”wnﬂnm”nu s
may be understood as follows: Each claims that a thing a may vnm ,o.u.._uﬁ o
there is some thing b that is y that 3 may be said 1o be x in relation to. aa“nnw >
fact thar 2 is an x in terms of the three characterizations noted above, guaran
e b being ay. . . .
gmﬂﬂn”n””.n:nn. mwanw a, where a isa ==Mbrn_.. nwmwbmiw Honnr“.m_.”ﬂu u.&.. “wﬂmnru”a“
fue ! is a whole (i.e. a y} and 15 2] : :
M&M“m&“ﬂﬁ“aawa‘ﬂﬁﬂu”mn M:Ewn... is not M...E of the =a=tSEEnEEaUH.~.§
“Thus, if we have some thing that is said to be a half, we must also have some thing
ar is said 1o be a whole. - .
n_..umnmm_m_mwmhun thing b (the passive patient) may ow..__w be said to _..“wﬁ ”MHHM»MM_ aMM
a cereain H.u.novn—d. and/or quality of being acualized, €.g., cut, it 50

19 Memaphysics, Book V, Ch 15 1020b 25-31. ) d 1989.
2 ?MH Medisual Theories 1250-1325, Mark G, Henniger, Clarendon Press, Oxford, 1
2t Metaphysics, V15 1021a 5.
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active agenx) has dhe property/quality of being able to cut it: "The active and the
passive imply an active and a passive capacity and the actualization of the capaci-
ties”, 22
And finally, a thing b (again, the passive patient) may only be known if there is
some a (the active agent) that does the knowing. 2 Note:
that which is measurable or knowable or thinkable is called relative
because something else is related o it. For the thinkable implies that there
is @ thought of is24
Thus, in short, for our purposcs, we see thar according to Aristotle:
[1] Relations inhere in substances. That is, as was the case with most of Plato’s

work, Atistotle' thought we' should understand relations in terms of subjects and
predicates,

[2] Relarions are real.

[3] Relations are accidental.

{4] Relations are relative. That is, a certain thing a may only be an x (e.g. respec-
tively, a half, actually cut, or known) if there is some thing b that is y (e.g. respec-
tively a whole, something capable of cutting, or something that can know). .

However, as was the case with Plato, nowhere do we see evidence that the exis-
tence of an a that is x in any way generases or insroduces the existence of a b that is y.
For example; although we mighr observe some thing that has the capacity to be cut,
say a tomato, although this means there must also exist some thing b such that it

has the property or quality of being able to cwr the tomaro, this object b did not

2 Meagphbysics'V 15 10213 15-16, 20-25.

Z Merely for the sake of acouracy, we should note that Aristotle does make a distinction in this
chapter between the first two-characteristics of relatives {the numierical and the causal) and
the last {the psychological) by pointing out thas although a number that is 2 half must be so
in relation to 2 whol, and something that has the capacity to be cut may only realize tha
capacity if some thing exists such that it can cur i, a half and 2 porentially—cut thing are not
as such because other things stand in relation 2 ghem. It is instcad, he daims, the other way
around. That is, 3 half is 2 half because it is related 22 2 whole, not because a whole s relaced
to it Bu g5 for knowledge, he claims that some thing 2 may only be known if some thing is
actually related £ it by knowing it. That is, knowledge in this sense becomes passive while
the kniower is active. Note: "Relative terms which imply number or capacity, therefore, are all
relative because their very cssence includes in its nature a reférence to something clse, not
because something else is relaced to ir; but [the opposite is the case regarding "psychological®
refatives]” [Metaphysics V 15 10212 26-31],

U Metaphyics V 15 10212 26-31.

IIIII
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i i " ity to be
somehow "come inco existence” merely because the tomato has the capacity

Cut.

The Medievals: With this broad overview of Aristorle in mind, let us now rurn to a
brief look ar the medievals, who were significantly influenced by Aristotle's icwr on
relations. However, regardless of this singular influence, they did not share a mz.ﬂ.mc-
lar vision. For insrance, although like Aristotle none thought relations were entirely
mind-dependent, they did Furiously disagree regarding where we should 688 rela-
tions and what exactly took place between the two or mare terms. Henniger char-
acterizes this dispute in terms of two demands:

Many medieval thinkers belicved that &3. were hwe n.&ana& made on

an adeguase theory of relation. The firss demand is historically 31&.

tioned, a product of the pervasive Arissotelianion in &u Lase a...&.kea.

period. The second is what | might call transhistorical, being present in an

adequate theory or relation in whdtever era.

The first demand, resulting from a substance-accident ontalagy, was o
treat @ real relation as an accident existing in one subject. u._w.n ua.a.ak
demand was to do justice to a relation’s chardcter as somehow involving
mare than one thing. If one’s theory must respond to both a..\.. these
demands, one can conceive of @ real relation as existing in one w!auw. yei
depending on and somehow 'referring to' anuther thing: In scholastic ter-
minology, (esse-in) and a being-toward (esse-ad). 5 -

Henniger cxplains that we must understand the Ea&nq.u_ modus ﬁiﬂa& in
terms of how a philosopher handled these two demands, which, as uem&.. was 1ot
always the same. Further, if a philosopher did not remain somewhere 35“5 ar.n
confines of the two demarnds cited above, we should ot classify him as 2 tradi-
tional” medieval thinker - despite the fact that he worked in the medieval era.

For instance, to touch on the more "notables”, Thomas Aquinas ..:E. Henry of
Ghent cach had a sympathetic foot solidly placed in both demands cited uvo.ﬁ.
despite certain subtler differences that we won't go into here.2 E such, mo:oi—._um
Henniger, we may characrerize them as *wraditional” medieval thinkers. Zn..bﬂgn.
Richard of Mediavilla did -ner explicitly conform to these demands, but neverthe-

25 Henniger, p. 175
2%  See Henniger's book For more detail,
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less, he did not deviate entirely from them. Thus, we may characterize him too as a
“traditional” medieval thinker. And finally, William of Ockham should be under-
stood as straying far enough from these demands 1o classify him as "non-traditional"
medieval thinker,

To inform our brief discussion of these four thinkers, we should first review the
medieval concept of a "foundation”: If some accidental property, say a, inheres in a,
and some accidental property, say b, inheres in b, then it was typically said thar a
and b serve as the foundations for a relation R holding in a and a co-relation R’
holding in b.?? For instance, consider a siruation whete a is 2 mother and b is a
daughter of a. In this case, 2 and b are related in terms of, respectively, R “being the
mother of", and R', "being the daughter of". The fact that a and b have the acci-
dental properties of being respectively, "the mother of b" and "the daughter of a
arc the respective foundations a and b for the relarion R and its co-relation R’

This is somewhat similar to how I loosely characterized the situarion cardier in
terms of Plaro and Auristotle. For there [ noted thar in order for some a to be an x, a
b must be a y. For we can roughly identify what we referred to carlier as x and y,
with, respectively, the medieval notions of a and b, kecping in mind thar both
models are based on understanding relations gua subjects and predicates. However,
carlier we did 7ot see direct evidence for such "co-relations”. But whar exacdy these
foundations were and if there are indeed such things as "co-relative” relations, were
some of the larger bones of medieval contention; the details of which we will not
concern ourselves with here.

However, broadly speaking, realize that Aquinas and Henry of Ghent both
thought thar 2 given thing a had a “foundation” a and thus both thought that 2
relation "inhered” in a in terms of a. This "inherence” constitured what they
referred to-as the esse-in of a relation; as such we may understand the relation in
terms of a predicate. Meanwhile, both also believed that such a relation somehow
"pointed towards", or as I have explained above, somehow guaranteed that b have b

as a foundation, and thus guaranceed that b have a co-relation R.' This constitured
the esse-ad aspect of the refation R. Bur again, rather than going into any more of
the detail regarding this, simply because for our purposes we needn't, we may con-
clude that both Aquinas and Ghent thought that:

[17 There are substances; they are real.

7 See Iﬂ-ﬁ...mmﬂq. p- 5
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(2] Relations inhere in them accidentally, but they are also real; they have extra-
mental being, This real inherence constitutes the esse-in of a relation. Thus, once
again, a relation should be understood in terms of a subject-predicate framework.

[3] Such real {accidental) relations also point "rowards” something else. This
"towardness” constitutes the esse-ad of a relation and guarantees that b will have a
foundation b for a co-relation R.’

[4] Thus, as such, relations are relative. That is. in order for a to have the foun-
dation a, b must concomitantly have the foundation b.

Noting this, tealize that at least Mediavilla argued tha relations do have founda-
tions but relations do not “inhere” in them. In short, this means that Aquinas's and
Henty of Ghent's notion of esse-in was not only under attack but the potion of a
relation gua predicate was as well. For instead, he argued, one must somehow
understand the rclation as "existing” somewhere "between” both terms. However,
hé also argned that it is neither a completely independent entity, nor is it complerely
minherent” in both rerms.?8 But rather than digging into precisely what shat could
amount to here, we may simply conclude that Richard of Mediavilla thought that:

[1] There are substances; they are real.

[2] A relation is real.

[3] A relarion is a relative thing. That is, it is not to be identified with its founda-
tion. Further, it must be understood as obtaining berween twe terms. As such,
Richard does not view a relation in terms of two accidental foundations thar must
inhere in the two terms. However, mysteriously enough, it is not entirely independ-
ent of either, and thus the nodon of a relation as a predicate is not left entirely
behind.

As for the mon-traditional medievals, i.e. those who did not adhere to cither of
the two demands cited above (the esse-in and esse-ad), we have, most notably, Wil-
liam of Ockham. For he did not think that a relation “inhered” in a. That is, in
medieval terms, a did not have a foundaion. In fact, Ockham writes: " say that a
relarion does. not have a foundation nor is that worid foundation of a relation’
found in the philosophy or Aristotle, nor is it 2 philosophical word.”# Instead,
Ockham argued that although a certain term a that has a certain propeérty and/or
qualiry x may, as such, infer the existence of b such that b is a y, it does not infer

chat there is some relation R that exists tha is disrinet from a and b, while somehow

28 Sec Henniger pp. 59-68, 178
¥ Quodiibes, V1 q.10, as translated by Henniger, p. 181
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simultaneously being "fo P
that Ockham wuo_.“ mmn. unded” in beoth 2 and b. In short then, we may conclude

[1] There are substances; they are real.
[2] A relarion is real.
[3] Burt a relation does not inkere in eithes
. . re in either of th
berween” them as a third thing, o the o terms or somevhere
(4] Instead, a relation may either be understood as a conceps that relates two

gmnuuar..mlﬁav. . .
2 relation 3 ay be understood as the class of all things that fall under such

[5) A reladion is relative,

- In short, we may conclude that as inirially noted in the beginning of our discus-
..ME: .om ﬂ_un. E&._Q..._F. none thought thar relations were entirely- Ewwm-k%%an -
espite .ﬁrn:. various differences. 3 That is, relations may have held of things (Aqui
nas/Henry of Ghent) or somewhere, somchow, "in-berween” things Azmhwécw‘
or m_ms.oﬁn_ n&&ﬁ. of things' (Ockham) but none are o be understood as naa._.nm_.
ratiorial or meital, constructions. Further, with what appears to be the exceptio M.
mnu”_..ﬁn. .w= formulations of a relation wete based on a subjecs-predicate mnmnwn“q“_..ﬂ.
o m. Nn““_ﬁn On@&s.w »vvmﬂﬂ deviation from the subject-predicate m_.E:nsS__w.

e the notion of a relation as refarive. And finally, there is no evidence =h

any of those noted above tha ion ¢ i .
2y ofeh t a relation could in any way comstruct new individuals,

HNH&”MHH.”M “Mn turn o a general overview of the modern understanding of
. ernity” is understood as beginning with Descartes. For our
purposes, we :m& only highlight the dramatic change thar the philosophical con-
mﬂEn._. n.gm a nn_n.aoz underwent in the modern era. Simply pur: they were no longer
real” in the simple sense that they were not mind-independent. For instance, _UM.

#  Sec Henniger, p- 119-149.

#  Note Henniget's characrerization i )

o niger's ol " of the intellectual situation: "Despite the variery of ;
mﬁ””mhma that _.3_ relations are completely mind-dependent ... ﬁw is not MENMSMMo o
realiey to Lﬂ“””w.ﬁhn. ﬁaﬁﬂﬂp:"“&_ it would be extremely difficult to deny all extra-mencal
reality to he scholastics interpreted Aristodle as explicitly teachi i
H Mq““ om n_..MW _._n...nr M»Rmom_nn of extra-mental being. More ?:&HM:B__“. vo&._mmﬁwmﬂnwaﬂs
e an&ﬂ‘nnw. ughe is _unj»mnm by the.notion of an extra-mental order, whether this be
the prim _”Mm_._..ow_c_. the medieval universe. [n the chirteenth and early fourteenth centuries

< principal problem was not whither relations have extra-mental reality, b )
specific type of extra-mental reality is 1o be accorded to them” HIa:amw_nnw.. v.: “wqﬂwnn what

|I||I|
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% and Ber-
5,32 Leibniz,® Spinoza,® Hobbes and fer _&n. most part, Enﬂuﬂo Ber
B.nﬂn » all understood relations as mind-dependent objects. Eeﬂﬁ.ﬁn. eru unEu:w
w A r purposes, none of these philosophers thought mrua a&pno_“..m “-M_.n waly
o go: vtv the mind. Instead, they represented certain pre-cstabis aspe o
e Em.uu Hm such, for these ﬂrm.cmowrna_ relations were neither S.rnnn_.: _WHME
Jnn_.ﬂﬂ A.vm che terms as real qualities and/or ?ovnmn..nmm& %an RMMWM@?E.EW
Aris . { ind-independent oD,
i inas), mer did they exist as mind-in . 8
”ﬂo&ﬂ&”ﬁmﬂﬂﬂaﬂngm {eg Mediavilla ), or mind-independent classes (e.g Ock
tween &

. recedi relations
En.ﬂ%o&nﬁr like those philosophers preceaing them, %nw. w0 Bﬂﬂﬁ“o:m? -
within the general subject-predicate framework, w_n.rosmw. _uow: M cnough, e
metaphysical notion of sybstance, i.e. the paradigmatic .“.o:o: of a subject,

.mawm-nmﬁuw eschewed by at least Locke and Berkeley. o dherence to the
K FHawever, Leibniz is a parial exceprion to the rule rega ing an e e ol
cEMﬂ u.mean framework. For instance, not coincidentally, Russell c
subject- .

. i eherc
instan Rules he Directi the Mind, and the Finst kn.t:muea w
8 WM ek ...“_v.FH..m HH God H.ﬂ.o“wn Rw“ﬂn“”az“‘.\pum thus, the ability to conceive of and make
SCartes . ! .
o is poi il just have w trast Russell's
ibniz! i ailzble 1o me now, so-at this point we wil ) < ot
3 Leibnizs Mwwro.m"“om“”.w in his book The Philosophy of Leibmiz "But Baw.w“”u.ﬁz W:W@m”
.u_.ﬁnmﬂwﬂ. things [for Leibniz], derive theit realiry from mrn supreme rea o (LB B
oy :....u nomm“anu not only mdividual monads and their ﬁ:oﬁ.nﬁ.nm..u b e e
mh“wu.mun_ W. this consists the reality of relations ﬁ.I%ww .- HM”MM_M Ooh% B
. il trath; irion is one ascribing a p )
”Hw ; Ennn.wmnn.“. the uamnﬂ“..ﬂ__ﬂnwwnnww:ommﬂrn Philosophy of Leibniz p. 14) -
Eol manoaﬂ“%i& Thoughss, Part 1, Ch. 5 and the Skort Treatise, Part —“. . 10.
Levia rnvnﬂ. in particular  "Reason”.
. 7 i 15, inp , Chapier 5 on ;
. s H”.nmanu Nw““mah EH__...S__- Understanding, cd. P. H. Niddich, Oxford, 1975, bk. 11
3% See An Esa ;

Chagpser 25, paragraphs 1, 5. and 7.
: Principles of Human Knowledge . ) e B
u,“ o .r”_ ”_”_M.mranrn and Berkeley did not think &mn we Qan._.m” ..n_numw.mww“n a_w”.
u m.c...u..&no c 1. "Of Knowledge in General" in Lacke's An Essay Concern .m_ma e e
Eakﬂﬁ&_ ndin Here, Locke talks of innate ways that we may compare e abili
e led wm.ma _.nﬁ__wﬁ thar Berkeley ultimately artributed al rationality {an
ﬂ‘ L )
quMnEmS_ God. Sce the Principles for mare deail. o in An By
respectively, Chapter XX111 of "OF Our Complex Ideas of Subsun I A e anceming
i n w.._:n.pm Understariding, and Commonplace US_W .w_ 10, m.n_.uvzuo:xnn... e s
nouﬁmnwa .ﬁa of Human Knowledge, Part I, §37, and Three wﬁo@ o B A C.
En._ ”Hﬂv.;wm Dialogue, p. 455 (al! from Bericley's Comp . Vo
w...“m”_.. Oxford at the Clarendon Press, 1961).
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lowing passage of Leibniz in his book The Philosophy of Leibmiz. For as we will see
further on, ir is Russell wha, in light of modem logic, would later insist thar a rela-

tion is an ‘independent entity, and as such, is not to be understood in terms of a

subject-predicate framework. Note this passage:

The ratia or proportion between two lines L and M may be conceived
three several ways; as a ration of the greater L to the lesser M; as a ration
of the lesier M 10 the greater L; and lastly, as something abstracted Jrom
both, that is, as the ratio between L and M, without considering which is
the antecedenit, or which is the consequent; which is the subject and which
the-object ... In the first way of comsidering them, L the greater is the sub-
Jeet, in the second M the leser is the subject of that accident which phi-
losophers call relation or ratio. But which of them will be the subject, in
the third way of considering them? It cannot be said that both of them, L
and M sogether, are the subject of such and accident: for if so, we should
have an accident in two subjects, with.one leg in one. and the vther in the
other; which is contrary 1o the notion of accidents. Therefore we. must say
that this relavion, in this third way of considering it, is indeed out of the
subjects; but being neither a substance; nor an accident, it must be & meve
ideal thing, the consideration of which is nevertheless usefiel 40
In other words, Leibniz claims here:

[1] There ase three ways to conceive of the "ratio or proportion” or in other

words, thie relation berween the lines L and M of different lengths. They are:

[A] We may conceive of it in terms of the relation "greater than"
where L is greater than M. In this case, L is. the subject and has, in the
traditional Aristotelian sense explained earlier, the accidental property
of "greater than",

[B] Or, we may conceive of it in terms of "smaller than™. In this case,
M is the subject-and has the accidental property of "smaller than",

[C] O, finally, we: may conceive of it as somehow inhering in both C
and M where neither is. understood as the subject or as the object.
Instead both C and M have equal status. .

(2] Secmingly convinced that [C] is the correct construal, Leibniz then con-

cludes: Bur if both L and M are subjects, then both cannot have the “accidencal

A0 D. pp. 266-7: G. vii. 401, ds cited by Russell in The Philosophy of Leibniz.

IIII|
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than". or “smaller than”. This is the case he m.n.ﬂ:
the notion of accidents”. In other é_o—.ma. rnhz -
cand relative relations as accidentally
claim that some thing b must have a
ove the "accidental

t a necessary aspect.

if only as

qualities” of, respective; " greater
use "that would be contrary t0
”MHnan to think here that we may ref unders
inhering between two terms. For as soon as we n hat some
operty that is concomitant (o the given property 1 i, oo
propes from the particular quality and/for property in b and gt i
%Mnﬂrn nczacmnm. this relation must be undéerstood as some
us +
e ..._dnnhanm . thar at least in ¢his case, Leibniz thinks that a Mu._mn.._o.“.u_w.aa w
3 5 3 . . g ] .. . .-
) .amu”h“moo“ in terms of 2 predicate Ern::m..:.u some m:a“,_: Mcﬁ__mh § uainqﬂn:wr.
ME—“M: thinks Leibniz simply writes this peculiarity oﬂmb nM.u e k.
ince he is simply unable to extricate himself from am..n subj v&ﬂ# i
Noe Ma :.mwnana.n:n "t appears that {Leibniz) is .:mmv_nnm” i
”M_M _p“mwmoﬂﬁ of ?mmEnE other than the subject-predicate . H Y oder con
anvmwm this "quitk” of Leibniz's in mind, we may summar
ception of a relation as follows: |
nam:w In some cases, there are real substances, hers, e
2} In all cases, relations are mind-dependent, bu
structed by the mind. . .
[3] In most cases {with the slight
j [ el
subject-predicate mod o
ﬁ_ﬁ In no cases does a relation in any W

in others, there are not, .
cases are relations con-

exception of Leibniz) relations are based on a

ay construct new individuals or rerms.

~on relations we will consider in m.n.a:__ in
P mva.E.m Eﬁwﬁﬂﬂ.ﬂ_oﬂ”ﬁmﬁmﬁhw notion of a relation in The ﬂauﬁﬂ. HM.
et uﬂmoi ost philosophers know, like his more ._Eanm.mﬁn E&nnn“b&“ e
piviidd .mn_pvadw Kant quite famously understood relations as E.”. depene-
ncznw..m:hﬂnﬂoﬂ.i.. his .:..omon of 2 judgment, Kant too adhered to the subject-predi
ene. Further,

cate framework.42 . |
For instance; taken in their v_.onmom.ﬂ sense,
ori _;.ommnu.__ functions™? thar lie behind all poss

Kant defines relations as certain & Na.
ible judgments. As such, relation

41 Russell, The Philasophy of Leibiz, P 13 |
& See Kant's numerous discussions of judgments
Critigue.
43 See A79/B105, Critique of Pure Reason.

throughout the Prolsgomena and the First

S
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establishes. itself as one of the sub-categorics of Categorics, which is in rum split
into three sections: [1] The relation "Of Inherence and Substance” and [2] The
relation "Of Causality and Dependence” and [3] The relarion "Of Communiry
(Reciprocity between agent and parient)".4 Further, this meant thar certain rela-
tions for Kant must be understood as purets priori concepts.

However, here we will not concerni ourselves with the subtler differences between
these kinds of relatives and whar exactly it meant for them 10 be mind-dependent.
However, it is essential for us to highlight Kant's understanding of the mathernati-
cal synthetic  priori relation 46 For although I will return 1o this relation in more
detail in the next section, let us note now thar for Kant, a mathematical synthetic 4
prieri relation berween two terms 2 and b is a relationship that, through our formal,
intuitive comprehension of a, acrually insroduces, or generates b. This is what Kant
means throughout the First Critigue by syntheric a Priors construction.A7 Recall for
instance where he speaks of such mathemarical constructions: "A concept of space
and rime, as quanta, can be exhibited 2 priori in intuition, thar is, comsiructed. cither
in respect of the quality (figure) of the quanta, or through number in their quan-
tity™® and “T construer a toiangle by representing the object which corresponds to.
[the given concept] either by imagination alone, in pure intuition"4-

Thus, for our purposes, we may simplify the sitvation as follows: Kant thought
relations were:

(1] Mind-dependent, similar to the moderns noted above,

Critique of Purc Reason, AZ0/B10§

45 Recall that for Kan in the First Critigue, only the Cavegoties are pure.a priori conceprs. All
other a priori concepts may be a priori, but are nonetheless derivative from the Categories,

Thus, there may be some 2 priori concepts that are relations, but are nonetheless not included

as one of the three kinds of Categorics. Sec ABI/B107, where he speaks directly of this

distinction,

We must keep in mind that Kant had i scoses of the synthecic 2 priori in mind in the Firse

Critique. The philosophical syntheric 4 priori and the mathemasical synthetic & priori. Sce my

paper "The Distinction Between Mathemarics and Philosophy in the First Critigur, an

Account of Kant's Two Fundamental Senses of the Synthetic A Prior” (unpublished),

For further discussion on this matter, sec my paper "The Distincrion Berween Mathematics:

and Philosaphy in the Fisst Critigue..." and Jaakko Hintikka's Lagir, Language Games and

Information; Kantian Themes in the Philosophy of Logie, Oxford University Press, 1979 (fe-

priag, Chaprers V1, VI, and 1%,

[Emphasis my own] Fine Critigue, A720/B748

® {Emphasis my own] & Critigue, A713/B741

48
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(2] As is the case with most of his predecessors, Kant's notion of a relation must
stood in terms of subjects and predicates. . .
g Wﬂ&“oinﬁﬂoc r. he was the firsc to explicitly®® daim that a mathematical &.J&nﬂn a
riori relation w.uninns rwo térms a and b resulted in the introduction of r.::.a our
.Muo:mrﬂ via our intuitive comprehension of a - a process we will discuss in some-
what more detail in the next section.

The Contemporaries: At the um of the century, a ?hman.. o_.u ?:a&uﬁoa“_ew MM. mmmfﬂ
tions was developed by, most notably, Unzonmnﬂ._ﬂ m..unn.n.w Frege® nn”u_ s Hmm.
With these men, we see perhaps the most mBEn:.n mr_m.n._b the H“Mﬂ dofa el
o BB e e 1 ekt e o P’ Sph e 0
i it a certain independence that 1t hadn't st to nd to
MMMEWM,M“WEP William nwnOnrwg. For according 1o these _.ow.ﬂmu.w Enn““ﬂ M,H
aRb is at the very least to infer that there are not .on_w three in epen W:: o .
work, a, b and R,55 but also, that these are mind-independent n_E:na..m > Hom.n&
ﬂrm new-found independence of the relation to its mature mon.,a imm : MMM" En.w.. !
formulation of predicate calculus, first seen in the m«.mwmﬁ_w:.%w_ own_ mar H )
formal and decisive distinction was made berween a predicate and a reladion.

H.

56 Agwe will see in derail in the next section, many before Kanr Eoﬁmrnmmw Bmwmw Mﬂ “ﬁmﬁ
However, they did not explicitly say as much, nor did they try ro carchully ke
&Mmuﬂmaqu between zhis kind of relation gua the m_.ﬁamwﬁﬁn__._ of objects in oppo .

ilpsophical relation whete objects are nof intro 18 . ]

t2) ﬁﬁ%ﬂ.ﬂ%ﬁ of the Cambridge Philosophical Society (1864) vol, 10, pp. 173-230,

1.358, 428-487. .

52 wwn ar least Collecsed Papers, Vol. 11, Elements of Lagic, ed. by C. Hanshorne and Pauyl Weiss,
Cambridge 1932.

53 See at least the Begriffibriff, 1879, . . N |

54 See wu:.:avuw Mathematica, by AN, Whitchead and B. Russell, Cambiridge Univarsity Press,

1903. 2nd cd., New York, 1938. o . -
55 Some daim that the Tractatus Wingenstein was the exccption: u__nmn&rﬂ ﬂ%wxﬁwﬁ% nnw |
« relations an independent existence. See at least: G.EM >=m8=__ : An e il
m‘ﬁ: rein's Tractanus, 2nd, revised ed. Hucchinson, London, 1963, rving. s P Objece.
?ha..nn-__mﬂ and Relations in the Tra ", Mind, vol. 67, 1958, pp. Em..mm_..ﬁn_a%_ A
ﬂhmu!&a} of Wikigenstein, Prentice-Hall, Englewood Cliffs, ._wm%_nuv. ’ nm..a . However,
Jaakko Hintikka and Merrill B. Hintikka &unwa-nnm. See Chaprer 2 of /nvessigating
] : ) inted 1989.
Wittzenstein, Basil Blackwell Led. reprinte . o
58 mn“nmro J. §. Mill, 4 System of Logic Ratiorinative and Inductive, ed. .M. Rabson, in Collecred
Works of J. 5. Mill, vol. 7, Buffalo, 1973, bk 1, chap. 7.
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Briefly, lec's consider Russell in more detail, who, compared to the other three
men just mentioned, was the most concerned with and subsequently, wrote the
most about the philosaphical nature of relation. Fer instance, in Russell's whitlwind
tour on the Theory of Knowledge, writcen in just aver 30 days bur later abandoned
thanks to Wittgenstein's scorn, we sce Russell ralk of “bare relations® and our
"acquaintance” with them. Note, for instance, the fallowing passages:

An entity which can occur in a complex as “precedes” occurs in A pre-
eedes B" will be called a relaion 37

we are forced to the conclusion that the knowledge which we indubitably

possess concerning relations involves acquaintance, cither with the bare

relations themselves, or at least with somerhing equally abstract; and by

omething equally abstract I mean something which is determinate when

the relation is given, and does nos, like 4 complex, demand some fursher

datum. 58

That is, here Russell characterizes relations as independent entities, which, as

such, we must be "acquainted”? with along with the terms they hold between in
order to know, c.g., aRb, Further, elsewhere in the Theory of Knowledge, Russell
characterizes relations as mind-independent, or "external” entities.5® Russell alsor
daims in the Theory of Knowledge thar we must be acquainted with the “logical
form” of aRb to know thar aRb is in fact aRb and not bR4.5' For instance, we must
be able to distinguish berween “the man rides the horse” from “the hoise rides the
man",
But we need not discuss any more of the details of Russell’s theory of acquain-
tance here. What we do need to highlight are the following points: In The Theory of
Knowledge, Russell took a relation to be a mind-independent entity. Paring this fact
with the fact thar he af2 claimed that to know. thar aRb, we must: [1] Be
“acquainted” with all three entitics, a, b and R, and [2] Be "acquainted” wich the
"logical form”, it follows that knowing a alone and any properties and/or qualities it

may have did no¢ guarantee knowing R or that there must be some b such that b is
related to a in terms of R. Thar is, knowing'a and all its various qualities/properties

57
54
59
]

Emphasis my own, Theory of Knowledge, Routledge, 1984, p. 84.

Emphasis my own, Theory of Knowledge, p. 84.

Sec at least p. 35 of the Theory of Knowledge for Russell's definition of "acquaintinee”.
Sec pp. 4243, 54 of the Theery of Knowledge.

1 See p. 99 of the Theory of Knowledge,
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does not in any way guarantee that we know that there must also be some b such
that b is relared te a in terms or R. For it seems that according, o Russell, if 1 know
that Mary is a mother, this does not mean that I also know thar out there some-
's son or daughter. Instead, 1 must acrually be

where, there must be Mary
"acquainted” with the son or daughrer to know this. Likewise, I must also be some-

how acquainted with the relation of "mothethood”.
In short then, Russell's theory of acquaintance:
(1} Is based on the logical construal of a relarion as a non-predicate.
[2] Thus, it seems that it wipés out whar we have seen 1o be the concormitant
relationship berween terms that hold of a "relative” relationship.
{3] Regardless, relations were indeed reaf for Russell.
[4] Finally, there is no indication that any kind of relation may serve to canstriet
new objects OF terms.
We may loosely refer to this conception of relations as the "contemporary”
notion. And surely, it is decidedly wnlike what we have scen to be the case thus far,
a5 well as unlike what we will sz 0 be the case with Hume - and frther on in my
dissertation, Quine as well:
So in short, we may summarize the fundamental points regarding the history of
celations as follows: The "Early" philesophers, with fow exceptions, €.g. Ockham,
4\l based their understanding of the relation in terms of some kind of subject-predi-
cate paradigm. As a result, celations were also construed as relative, whiere the exis-
rence of one predicate in 3 subject 2 guaranceed the existence of another subject b
with a cerrain predicate inhering in it. The "Modern” philosophers thoupht as
much a5 well, but the relarion was understood as Emam.m%maavav although not
comstructed by the mind. Further, with the exception of Kant, none of the "Early” or
"Modern” philosophers explicitly explained that certain relations could guarantes
not only the existence of other individuals with certain predicates {propertics and/or
qualities), but could actually introduce them, And finally, with the advent of mod-
ern logic, and thus with what 1 loosely refer 1o here as.the "contemporary” philoso-
phers, the notion of 2 relation was no longer understood in terms of the subject-
predicate framework. Instead, it was construed as a logical, mind-independent
the relation lost its StrOBRET sense of relativity, and thus, its abil-

entity. As 2 resud,
f other objects, much less introduce them.
]

ity to guarantee the existence 0
nd, let's now tum (0 a Synopsis of a few

Wich this general background in mi
vEMomomrnahBu%nEﬁ...n..mE who did think a selation could actually construct new

objects or terms.
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Part I1. A Certain Kind of Synthesis

The notio " is" and "
e norie H n_MM m M“MM” nM:m; mw_”_ﬁrn&.m_. have changed throughour history as the
oo ofa e ngunﬁmm& .mm ..H,_ M nr.n ...na.mn mm:_v. because for some proposition or
Eﬂm“”“n_uwwwﬂ. it displays an m:&ﬁ““ W.”..&HHHHMMWM s b done by deter
' 1 si f .
e, .nr “..m MMWH mnmm”v_n nor ma:._nm__ for me ro summarize all the significant
s e _uooﬁr“n um.m the Q:Enin.. here. I refer the reader mE.Smn_ to
g oo En_.n__ vmmﬁa..os this subject.2 Here, I will focus just on
prvitenSolori NE.: _n i_n_.m nm_.m_w_,_”us rn_..wﬂ involves the introduction of new
o aftes ) nthesis”, merely because
- :mrﬁ”ﬁ..w MMME_" M.HE as a Eﬂ%am per se. However, we M_E see H__WM “ﬁ nn”“ohqm”nam
pus ..m:&impnrm.w " H.M”m_.q e no:.o: of "analysis” concerned the inrroducrion Mm
o idhe . » in all cases, we will sce that this type of synthesis i
synthesis s
To guide
o ﬂr»mncH .EH” ,_Hv.n _H_.Mcmr nnrou.n examples, let me first present a general paradigm
e Toan by nnﬂnmner:n:cu. or censtruction of new objects in terms _..p...mm. a
P Zoﬂ , M: Mﬁon_..nm_m. say, 2+2=4, we will typically want to prove
abeaics i 235 T, i h ey g e ot
aemarics : . ry general sense, one might sa i
e e 8 e e ey
2-4. , ight +2= " ic" i
wnﬁzwmmosmwa“.ﬂ”ﬂ. mo__o.ia m,wa the rules”. As EMFEHEM m“_bwmwhh.ﬁﬁwn“nwu”
mon._.n E..mm_un ik n_.nw.nununu » nor anything else (e.g. "intuition"). Howeve
e mernnﬁun +nMuA doesn’t simply follow mechanically from the E—n“.
bt 22 h OMM». : m.ﬂ one must appeal to "something else” o prove nrnh
o _um_m e M”N.rr the argument continues, have to actually construct m.
Kant (very) roughly _.nmg&:wm EE two sets of 2 things. This construction is what
ooy aoaBhy eferre 1o as symthesis, and as such, removes the entirel
owing” aspect from the process of proving that N+mu%.

62 See for starvers .H .. ;

9 A s J. Hintikka's book Las, .

“a the Philosaphy of Logic, Chaprer %@nﬁ Language Games and Informazion; Kantian Themes

t is worth briefly noting i
Lo 4 g that given whar ; .

some historical tensi : at we saw in Pare | of th it i : ;
nc:.nghn_wﬂh‘rmnﬂ._““”o:mwmgmn: the b?&....@?.n& construzl om u—wﬁﬂhﬂ” “.__M Mwniu;nn &..n-.n g
mathematical syn n_dnuwm.n n\ohqa.ww mﬂrs.“_ in Kanr's distinction berween the philosophical HM».
hese, 50 fet it.simply stand noted and inn ”ﬂ”ﬁﬂ”ﬂ&ﬁ tension in detail is not our concern

2]
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Tiwstead, the process demands that the given thinker formally intuits the informa-
tion needed o prove the hypothesis true. In a bit more derail this means: Given
one's knowledge of 2 and the operation +, one, so 10 speak, "dips inw” 2 "third
thing” i.e. formal intuition, to construct an object such that it is = to 242, ie, the
object 4. However, according to Kant, it is scill mecessary that 242 = 4 becausé, very
roughly speaking, one appeals to formal incuition, which, crudely put, keeps rela-
tions necessary. With this in mind, realize that the relation here is the mathematical
relation of =. Further, because we must consirics an object, ¢.g. 4, to prove that this
relation is true, we must understand this relation to be gmthetic. Thus, in shis sense,
syntheric relations necessarily involve the construction of new objects.

So, beginning with Pappus, 1 will give another bricf hiscorical background, but now
just in terms of a mathematical process of constructing new objects used to prove
that certain relations are true. As such, none of the following methods are
mechanical, and further, all appeal to'some "third thing" (e.g. in Kant's case, formal
intuition) to create the needed objects.

Pappus First realize that Pappus was a geemeter - he worked with geomerrical
objects, not with propositions about objects. As such, his proofs aperated in terms of
the inter-relations holding between properties of geometrical objects. Hintikka and
Remes effectively show us that this is the case with a re-ceeation of a Pappian proof
in chapter 111 of The Methad of Analysiss With thesé interdependencics in mind,
we should note that the "secret” of Pappian analysis is to put the information we
‘are given in our theorem or problem to use. Thus, if we wanted to give 2 proof of a
particular theorem using the Pappian method, say A D B - that is, if we wanted to
shaw the relation £ berween A and B was true - we must soméhaw use the infor-
marion given about the interdependencies berween the objects that A and B speak
about. However, the notation 'A D B does not typically represent 2 relation
berween objects, but instead, represents a relation berween propositions. So instead
of atrempting to formalize Pappus's method in rerms of statement logic, as many
have done.s5 we should instead appeal to first-order predicate logic. Doing as much

66 Sec pp. 22-29. Note that the discussion of Pappus above is almost entirely dependent on the
work donc in The Method of Analysis.

& See H. Hankel from Zuf Geschichee der Mathematik in Alterum and Migielalns, George Olms,
Hildesheim, 1965 {reprint.of the oviginal ed. of 1874). pp. 139-140.
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will simply help us to bet
ter und . .
amounts to, at least formally, erstand what the "introduction of new individuals™

Accordingly, Hintikka an

» Hir n_ﬁ __

need on__ (0 be analyosd 2 Elloms mes suggest that we formally express thie theorerns
(1] x1)=(xi) (Alx1ox3) = B{x1oxy))

However, we need .

. ’ to realize that this characterizati

Pappus didn' . . a tns crerization won't gui :

ic_uv s_“nraﬁ i.cqw_“.ﬁr generalizations about mnoEm:.mnw_. MM_M“W Hma ”mﬂ:mn

rked pacticular . 3

nced only mﬂw n”“: _u.n_." nevertheless indeterminate objects. To capt st hi ' wn.

p the quantifiers from our conditionals and HE»RBM_ ure nra. s“_u
!l our boun

variables with variabl i
es that did net oc .
ments. I other woids, we fnstanciate. cur free anywhere in our quantified stace-

HM.H >HN—UNE o | WANHUDE

However, the formalization '
what's going QM rn“s MMEMMH_ >~1_Um5 and B{ajoak)' stll does not capt
pendent set o*..mxm.oa. cnﬂ typically pur to task in these proofs was E_Bm. MR
g ¢ and theorems, generally Euclid's. Let’ : inde-
. . Let’s refer to this set with
So we know thar -
comebon mr“q roﬁwwwﬂsm Afagak), Blayay) and E, the Greck analyst had
That is, the Greek QEE”.UTMMVM ..M&Mu& to A(ajoag) in terms of cﬂrn_..o_&.onm“o
A1@ay=ag) S By(agoay). ridge the gaps” between the two with objects
In short; this means thar wh .
? en P filled i .
S Bp(a)o ; . Ippus in the gaps above with Aji
B(a ”.UME wwwm.””m&m not derive them in the ordinary sense from .Mw U..f N
oLk ] , using wua:u_ deduction, he detived them in the 1 mwﬂwu.»w and
And .Nﬁswshm ether "with A(ag=ay), B(ajoay) and E sense that they
H " mm..““nn_. MonEn. Pappus used a method thar .mnn.non_:nnﬂ_ new ohiccxs”
nonor&n__msnm. o w»wm a Hﬂa. ..WMHE referred to this as "analysis”, not ..anHnM _.“.HW :
. ‘Fappus, the gymthetic procedure was 2 cess of si oo
MM“MMMM.EJ: _._M.Hon:nnn_ by analysis into a m&:ﬂwﬂ”ﬂ“m o u“.,nhmmzm al
ino rifact - Regardless i
indeed relaed n“m_ " 4 T, We gee here that in order © prove that. mn“,.w of ara
dtoa given b, iie. that A(a)>ag) > B(ayoay) is true, we: given @

:._ mnn up nmun. ..
problem- as if
Bajay) is true: if it has already been solved, i.e. thar A(ayay) o

(2] Appealin
g to what Pappus neve . .
*mathematical intirion® r explicitly defines, b ; .
B UMEE& inition”, and the knowledge thar ﬁn:ﬂﬁ :w what is seemingly
1>2k), we construct new individuals. of A(ajoag), E and

W H_.HE Eﬂ cﬁ_—. V . L ¥ ro—& in n~.=.m mwu._.-z.n. :.HN.H instance ggﬂﬂ:
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Plato We see a similar process of the mathematical introduction of individuals in
the Meno, lines 82B - 85A. Here, Socrates, intent on showing that knowledge is
ultimately derived frem recollecting knowledge from the soul, leads 2 slave-boy
through the following problem. Socrases’ point is to show that with the proper
questions, the slave-boy may reach a cerram state where he can begin to "recollect”
the knowledge his soul is already equipped with. My point is to show that this
method of "recollection” is a mathematical method quite similar to that sketchied
above in terms of Pappus; a process of "filling in the gaps” that does not work
according to explicit rules. For in each case where Socrates draws a new line or
lines, or has the slave-boy imagine 2 new line or lines, Socrates and the slave boy
introduce ot construct new clements into the proof, drawing on a "third thing”, ie.
knowledge inherent in the soul.

The Problem: How long are the sides of a square that has the arca of 8 square feet?

{1] First, Socrates draws & square in the sand and gets the slave boy to agree that
41l sides ate equal. Then he draws two lines through the center points of each side
to get the following picruse

15 110

.

1R

[2] Following, Socrates asks, if each side is 2 feet long, what is the area of the
square? After asking the slave boy to construct 2 figure in his head where one side is
oné unit and the other 2 units and then asking him 10 determine the area of that,
the slave boy answers that the area of the above square is four.

ift. iR

T

b imapined

[3] Then Socrates asks: So how long would cach side be if a given square had the
area of 8 square feer?
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_ﬁ .H.—.wﬂ vE Wuo‘ Hﬂmu C5 F.N.H Hr.ﬂ
WO L' Tﬂ. uhm mmnﬂ.ﬂ 0& Hm.-ﬁ hﬂ.:ﬂbﬁ

in [1] above. Soctates derermi ;
. ines that the boy canng t bie
constructs such a squate for him, which he LMW. not realize his mistake unless he

af.

aft.

{5] Now the slave bo

. . y actually sees thiat the- £ thi e .

M_. :wm HM” “._n._.:.: to the problem, reviewing ,__.MH PMHWMMM_MMHEWW ﬁrﬁa .
- . 4] f 1

a2 mazﬁnﬁﬂn ﬁ“qw_.nWMm»Mnm of 8 square feet must have sides that n_..nn..‘.&ww”

of 16 square feer. square feet and shorser than a square with the mwﬂ

{6] So the slave-bo
-boy guesses tha
feet long, Once again, . t an 8ft. square square must have sides that are 3

Socrates mui
that he o mistales, must construct such a squate to show the slave-boy

n

n“.— moﬂhﬂﬂﬁm notes at i) u\ e
. . t . Nﬂwﬁ QE”HH—. ﬁ-.:h g:.__.n mr»n. ﬂ.:_ om Hw.ﬂnwn &nuﬂoﬁhuﬂw BH&
G! Hrn wmﬂ.cﬂlgw are ﬂon._—n_—.-mﬂﬂ.n on a §B—ﬂ state m‘- g HLOS &a %.c: _?ﬂﬂnvo_
. 4] BEQ.
1 ne .—Hﬂ i—w-.-_.n— __.N{ﬂ atem ._Q— 10 1nqulre or ari a‘—u.ﬁ [ I e cw,
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until he had been reduced © the perplexity of realizing

when he did not know it, L

chac he did not know, and had felt craving to know? y
(8] Then they rerurn to the original 2 x 2 square. ¥o
three others to it to form a square of 4% 4:

24t 21

JJ
M.
1 2

N . compared
ates now asks the slave-boy how much larger H_.E new M“”En m_.,.z Mom OMBE
ﬁw .moH& 2 x 2 square. The slave-boy answers: 4 camﬁﬂr »_w .
e, we :wﬁ one that is only 2 times as large 10 get a square
says, W ;

. ines (o gew
[10] So Socrates draws more lines o g "

llowing, Socrates adjoins

0.

‘H.—“ Hwﬂg H—ﬂ Nhrm T_wbﬁ_ _W:_m 15 Hrﬂ new n.__.—ﬂ& ﬂﬁﬂ. gmnn-n H.w._—ﬂ mmm.ﬁ.ﬁ|ﬂua%
v’

. v each litde 2 x 2 square Cut
' : ks him: Isn't each little
doesn’t know, Socrates as : asks: So how
nnm_ucw%v %M“nr“.ﬁma:u_ lines? The slave-boy agrees. ...E_Mns .moﬂ“M_nmn s asks
Hm”ﬁ&ﬂ%ﬁﬁ are there? The slave-boy .w.EM—MaLP mﬂ@ Sﬁ:mnpn.pnmﬁnn s, “Thus the
T the interior square is, ave o . of 8
what the :“”_& ”Mﬂmn is: _M._S lengch of the side of a square with the afea of
answer to the : .  gquate.
feet is the length of the diagonal of a 3k x 2f. squas about such matters,
square I cludes: "So that he who does not know which he knows
- mﬁnﬂnﬁh»« have true opinions on such marters, about whb
whatever » I " .
nothing?’ Meno: "Apparently. Socrates:
just stirred up in him like a dream; bur i
tions in a variety of forms,

standing of the them as anyone.' "%’

&  Meno, 84c.
67 AMeno 85¢

*And at this moment those opinions have
f were repeatedly asked these same aMM”
you know he will have in the end as exact an ui
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Thus, in short, the slave-boy, with the help of Socrates,
cal knowledge in terms of how newly-constructed lines and shapes are related to
each other to get the "final recollection”, i.c. the solution to the problem, Thus:

[1] Given cerain geometrical objects drawn before him, the slave-
using his knowledge of them,
o

must "recollect” geometri-

boy must,
appeal to some deeper knowledge in his soul and in

[2] Imagine, or see cerrain additional objects in order to understand what the
relation of the area of a 4x4 square is 10 one of its sides,

[3] Finally, the slave-boy must (with the help of Soctates) actually constnucr the
solution {see [11] above).

For without such constructions, he would have been unable to determine what
this relation is. So once again, we sce that the proper comprehension of a relation is
depenident on a process of constructing addition objects given some "third thing",

ie. knowledge visually recollected from the soul. As such, this is not a process of
"rule-following”,

Descartes Now note the following passage from Descartes La Geometrie

If then, we wish to solve any probiem, we first suppose the solution 1o be
already effected, and give names to all the bines thas seem needful for its
construchion - to those that are unknown as well at o those that are
knoun, Then, making no distinction between known and unknown knes,
we mus unravel the difficulty in any way that shows most naturally the
relations between these lines, until we find it possible ro express a single
Guantity in two ways. This will constituze an equation... We nust find as
many such equations as there are supposed to be unknown lines.%

Here, we sce evidence that Descartes is relying on a method strikingly similar to
the method we saw ar work in nor only Pappus,® but also, Plato. For as indicated
in this passage, Descartes appears to think that one must:

[1] Assume thar the given problem has already been solved.

(2] In tuen, different from his predecessors, he suggests that we translate a given
geometrical problem into algebraic terms.

& (6:377).

6% Sec Hintikka's paper A Distourie on Descartes' Method for further discussion on this poing the
interpretation of Descartes' method discussed abgve relies entircly on the work done in this
paper.
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fa] To do this, one must sct up equivalence relations berween the dif-
ferent angles and lines of geometrical objects in terms of polynomial
dependencies.

{b] However, crucial to note, to think in rerms of such dependencies is
to remain thinking about the interdependencics of geometrical
objects, but now characterized in algebraic terms.

[3] We then must symbolize {or "name”, as Descartes says above) not only every
known line that constitutes a given geometrical object, but every knknown line as
well.

[4] Following, we algebraically define our unkaown lines in terms of our known

lines. In other words, we set up equivalence relations between our knowns and

unknowns.
{5] If we can solve these equarions, we have found our unknowns (lines consti-

tuting geometrical objects) and thus, we have "discovered” all that we need to con-
seruct ous problem.

With this in mind, lec's recall the main points of Pappian analysis:

[1]' On must first assume that our given problem or theorem has already been
solved.

2r Analysis is concerned with Mnoﬂnﬂmn& objects.

13]' When we analyze, we work to fill in the "gaps” between a consequent B of 2
given problem or theorem and a st E of axioms and previously proved theories,
with the antecedent A by using not only the information given to us by A &E but
by Balso.

[4]' More often than not, the information given by E, A and B is not enough 5o
we introduce new mnoBa:._S_.&nEga. i.c., auxiliary constructions.

With this in mind, realize that the similarities berween sveps {1} and {2} of the
Cartesian versus the Pappian steps of [1]' and [2]' are self-evident, However, the
connection berween Descartes' steps [31-[5] and Pappus's steps [3]-4] warrant
some explanation: Descartes’ algebraic unknowns, Hintikka explains in the Dis-

course on Descirtes' Method, function i much the same way Pappus’s auxiliary con-
structions did: When the unknowns are solved, they, like auxiliary constructions,
introduce the new information needed to solve the problem at hand. And, ‘also like
auxiliary constructions, these unknowns arc introduced in terms of 2 dependent

{concaomitant) relationships. In algebraic terms, we ¢an refer to these relationship-as

functional dependencies. Also, again parallel to the role auxiliary constructions play
hed with our proof when we have solved for enough

in Pappian analysis, we are finis
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unknowns. Thus, in both
. - O » d CASES, we .._U—.mmmﬁ H*un. " . . o, .
@M_ 8_5. Ewn_““__w and through the -.aas&&qunw_wmn”mcﬁﬁsn that is both
ew let's r . i ooinee i T . 4.
] We assume MH_MM” nusﬂ:a in the method of recollection given in the Meno:
cobved. where in our soul, the given problem has already been

[2] Recollection (as in th ;
= e case of i . .
recrly construct new objects {lines) geometry) is concerned with being able 1o cor-
[3) When we make the :mau._ .
3 ) nal recollection”, i.e. solve ch
m.omrﬂwwnwﬂ.mnn:ﬂgcv_,nﬂr In this way, we “fil mzqﬁrn M»M“o..cﬁi. we have done
. 80 I - = .r . T
three vaﬁm.ﬂgﬂmﬁnwﬁmﬁgﬁ similarities in' method should be self-evident; all
and thus, are n.on Bha.mnm OHHH:MWW _Mo ' .H.:.oizm a given problem are not Ennrusm.na
all three in thi (t by toflowing self-evident rules. As such, I characteri '
s sense as synthetse, and likewise, dependent on the noamn.wnﬂﬂ.”:”w

u.ns__omuwnnanomnaup.ﬁ . .
iy ¢ that a given relation does in fact hold berween the given

Kant: No v .

ﬁrmomom.ﬂ”” “ﬂn&g_ 5 L__Eﬁw..uc: of the methedological distinction between th

Pure Reasom. Here Mq”u“n nMH..:.W,»: _u.nm.::mnm at line [716/B744] of m._ﬁ Critigue uww

. s t's noiion of the synthetic ori .

MH“MMW“»MERH clearly at wotk. For Kant, the main “MM””NN Hmn_.. nﬂhaﬁom.sn.
to show that the mathematician’s synthetic m:ﬁa Enn_..o“:uﬂu“nm

for the introduction of n j
) o - new objects thro . inruiti
philosopher's synthetic 2 priori method &_.n“m”awn “ppeslto formalintuion while the

The Problem: is o
em: What exactly is the relation of the sum of a triangle’s angles to two

—.mm.*: uh.mwnmu

Step 1: A . .
..Wov gm%-”m“zw‘ommﬁa previous construcions, the geometer knows that 90° + 50°
from a mmum_.n point o:M o of n= mua adjacent angles which can be constructed
ghven e T  sigh ine” (A 71606744] Wi i quality of previous-
cent angles, c and b, s“”nr extends the bottor of a given triangle to ger two adj

' . which equal 180, geL [wo adja-

70 .D o - - - 4 . v v _ -
.
u3ane 1§ ﬁ_.__ﬂ iqcnn— g.-n uses (o Hﬂ%ﬂﬂ to Hﬂnmuﬂanﬁ.-n._ al —u_ﬂﬁ 5 O* mtuition in 13 F LISt

Critigue. See all of the ]
e, ool _o Mwh M«hﬂﬂgkm Docrrine of Method, Chaptes 1, The Discipline of Pu
Section 1, iicipline of Pure. Reason in it Dogmatic Fmployment for Eoﬂem.nﬁm...
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i in hi inguition - an
That is, he imagines, OF CONSTAUCTS, A AW "quantum” in bis monzwmw_ ingu oo,
on. ©. . i " ", the angles ¢ and d.
.os. Concomitantly, this gives him rwo more quanta”, th

extension. . |

Step 6: We canshow, simply by curting and pasting (i.c. somebow “observing”} that
angled =b, and thus=b,a-aand g - c.
. wrough d, i.e. A
N line parallel to A through ¢, 1.
Step 2: Then he draws a

Thar is, somehow, the geometer conceptualizes the qualities of the quanta at
. apines, still another "quanza’.
That is, he constructs, O INAEINCS, .

hand.

. ; ual to angle b.
: and b, where b must be eq |
mnu%._..wm".m..cu in?fu.n@ﬁi&:nﬁ»:&m—ﬂ%ﬁwﬂm ra" in Step 2 concomitanty constructed 2 more
n ._. .unM—ﬂ.. a ME_ b. And mathematician also someliow observes 2 RECEssATy
"quanta’: .

quality’tof the "quanta” the "fact” that b is equal to b.

Step 7: Thus, angles a, d, g = a, b, ¢ which = ¢, 3, b the latter set being = 180° as
noted in Step 1,

That is, again, there is a "recognition” of cestain "qualities” of the given quanta.

c 5 caf=180

wﬂﬂ‘ ht M O m-. raws r 4 D.z 7] w HWH .ﬂow om ﬁrﬁ triangle. | B -N m..

Step 8: Thus, because triangle 1, d, g is congruent with triangle a, b, c, givén Step
hat is, be constructs still another "quanta’. 6, we have shown, via "construction”, that our original triangle must be made up
That is, he

180,° i.c. the sum of two right angles.
-

yava

B

Thar is, chere is a final "recognition” of the "qualities” of the given quanca. Or in
Kant's own words: "In this fashion; through a chain of inferences guided through-

out by intuition, he atrives at a fully evident and universally valid solution of the
problem” [A 717/B745)

m . .
ﬂﬂﬁ m- 8 £ NOW w._—ﬂtﬁ a mﬁen—a —..H—Nn—.—mﬂﬂ i__.& Hﬂ_m—.a a, mu m.
Hr.ﬂ.n. 15, H.T__.ﬂ wﬂannnﬂnﬂh T—pm wﬂﬂﬂ- S.ﬂ_guﬂ—gﬂ_m Mﬁf_ﬂ—ﬂ maofc pﬁh—mﬂ. Hrﬂ.H-.rh 10

Step 4.
A

71 Again, sce my papes on Kanx for more derail.

In short then, similar ro what we saw to be the case with Pappus, Plato and Des-
cartes, Kant construes the marhematician as:

(1] Initially considering both the hypothesis and the conclusion,

(2] In tum, appealing to formal intuition, he "flls in the gaps”. He does so by
introducing, or constructing, new objects.
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As such, this thought-example represents a paradigmatic example of Kant's
notion of the synthetic a priori.
In short then, what Pappus iniially referred to as arialysis later became whar
Plato called recallection in the Meno, whar Descartes called enumeration/deduction,
and what Kant called the marhematical synthetic 2 priori. But here, our concern is
not to overload ourselves with any more of the specifics regarding, this issue than we
already have. Rather, it is enough to historically identify what 1 will simply charac-
rerize as the miathematical notion of construction gue the introduction of new
objects - which in Pappus's case represcnted an appeal to the ancient version of
"postulates”, in Plaro’s case, an appeal 16 knowledge in the soul; in Descartes’ case,

“inmuition”, and in Kant's case, an appeal to "formal intuirion”.
In che next secrion, 1 will argue that Hurae too, whether overtly, entirely inten-

tionally or not, employed 2 particular version of this sense of synthesis gua the

introduction of new "individuals” throughout his epistemology when it came to
explaining the origins of both the philosophical relation and the mathematical rela-
tion. However, crucial to note, wnlike the notions: skerched above in tefms of Pap-
vE.UBQEG and Kant, Hume's synthesis is not necessary, noT is it strictly mathe-

matical.

Pari I11. Relations in Hume

Given what we've scen in Parts I
for Hume; we need to ask and answer
A. Does Hurde have an "Early" or
relation in mind?
B. O, like the “contemporaries”,

and 11, 10 determine exactly what a relation was

the following quéstions:
*Modern” subject-predicate conception of 2

does Hume think a relation is some kind of
independent entity that we may perceive as such, or be "acquainted with" as such?

C. Or does Hume have some kind of constructive notion of a relation in mind,
similar to the mathematical sense of synthesis canvassed in Part I

Here, we will sce that the answers are, respectively:

A.' No. Hume does not think that a celation should be understood in the "Early”
or "Modern” subject/predicate sense that we saw outlined in Part 1; as such, his

notion of 2 relation should in no way be understood as "relative” in the sense given

in Part 1.
B No. Hume does not think that relations may be

ense that Russell and his logical contemporarics

perceived as independent
conceived of them.

entities in the s
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C.' Yer. Hume d .
how EnnranmMu_on““annoanMv:a: of 2 tclation in mind somewhat similar to
: re shown to be introd ;

noted, for H roduced in Parr 1. Howe

Bnmunamhﬂn& nﬁﬂ”wr m:nmw 8&356. d relations apply o boh mrzomovw_mﬂwm

make 2 subscancive m.r. E.ﬂrnn_uﬂrnw are nof necessary. And as Enr. Hume does

istinction berween "analyric” ’ not

(non-necessar cen anatyuc (necessary) truchs and “syntheric”

hetic MMM“QV truths. For according to Hume, aif relations are 2 &m: i
' s, all truths are synthetic as well. eniselves syn-

1] m_.-og_ i._— 1 m i I8 S«ﬂ.v‘ in m ﬂ u g: Ve a ﬂmﬂHN_ —&
. m; _ m M m m H . ’ _ H H . — 4 mw Hn 72
account o ow ume crnes relacons H:nnw:mrc__..—ﬁ 15 ﬁmu_-hﬂﬂndﬂc Q.mnﬂ WOr

Second, in §2, given what we wi . .
i : ! will see in §1, T will ¢
questions asked above must be the numnE S1, I will show why all my answers 1o the

$1 The exegetical work
“To understand j : .
with 43”“2.1 just Wrﬁ a relation is for Hume, we must first realize he claims th
exce; . aims
particular or Wnnnaﬂﬂ““ﬁ“a”n may never initially perceive any relationships as ».”.\..Mn
words, the very .Smﬁ el M.n,_,..ﬂw %ﬂrm somewhat crudely, we ereate them. In onrn“.
L wcd I or H . )
the imagination and belief. ume is a product of the interrelation berween
To understand this i
. process i more detail : .
chi . - e » we need to fi ealize
.M“Mohwwﬂnnw mwi relations” may be directly perceived MH m”mnw -. why Hume
refations we may initially percet . .
resemblance” : Y perceive are, sometimes: just contigui
ce™ oeher times: resemblance; contrariety and degrees m__p aw“w“n«m.“ﬂ u:h
* S

72 Hume's work ma . ;
ringlne y be roighly divided i

of Bl " Ficalleconomics and Hiory. Unle
Smn.un:q“w n—uﬁ m_\wa ﬂ_“_u fnquiry (London, 1961), | aim convinced that Hume's i
major n!ﬂnﬂa_om.mh&mw _..Ea& z«:.mﬂ.hnw change from the Tizatise to th Mﬂn y _mnnm
b oo f works. Rather, his fundamental arguments nn:..nm:nmo n_.__naa.a._a.. his two
Concerning _&mmﬂuw .nnno::..._ﬁks.._..w. sec [ohn B. Stewart's introduction to An mgugﬂmQ Fora
cpistemolagical 5&}%&9 n_.ﬁ %hw (Open Courr, 1994). As a result, | will speak of hi
conscience, ) tise atid the m.s__.q in enc breath and with Dmoon_ "
"T'his is opposed 1o, of co

) pposee 1o, of urse, the notion that the mi ”
ﬂwnm.n_.hn__: inhcres in a subjeet as some E_.“_ of E_,“._ d may somefiow 8rasp a relation,

epen t cntiry nﬂﬂ. Part —v. properiy or whether it is some kind of
See The Treatite, Ind ed.. cdited
75 pp- 99-101, pp. 282284 ited by L.A. Selby-Bigge, Oxford at the Clarendon Press, 1992

See The Treatise, pp. 70, 79, 464.

broad catcgories: epi
: epistemology/metaphysi
some, c.g. Anthony Flew in mwwaxw Ww__ﬁﬁmu

4
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imes” ie vacillares
ssion. 76 T say "sometimes” because Hunmie vacillar

&NH.&_:H iwﬂﬂh ﬂﬂHN. ans are 10 _Wuﬂ wnﬂﬁr.— & [+]111 Hr_.m —umﬂ. pﬂmuh&ﬂmm om HT: m. HNH_.- Hm.»ﬂ
m I s ﬂm § ac
T

i “relations”
. i ' :nto here, we should realize that these . :
S ol vt ek _H”M Humé can only very briefly explain them in

other times, contiguity and succe

are quite vague, somewhat “weak”
rms of "intuition”. Nore: . . . o
) [resemblance, contrariety, and degrees in Qaa.a% are &ﬁ%«nﬂ”& M» hn i
ight and fall more properly under the province. of insuirion ” than
H‘wwna:w..w&_.qa ... fand when we make decisions regarding these relatio

ships] we always pronownee [them] at first, sight without any enqsity oF

réasoning’”’ L A
i i lsewhere throughout his work,
. rding to this passage, and ¢ s wo ume
cl dﬁ“wnﬂﬂam_nhﬁm@ wn»nn?n.&n relation of say, a H_.Snav_nu b, §%HM~ FHMmﬁwn
g ed impressions” of a “resembles” b, In this sense, resem i -..ﬁn o
e H_‘M—nﬁ. noted above, are fundamental relationships for Hum __ aca.n
E_..E.n n_u”c““um— ﬁru.: a telationship of resemblance holds berween at least
intui :
tmpressions. olowing pastsge
th this in mind, now note the following p | o
v the' I cannot altogether exclude the relations of resemblance and contiguity

iy cnole
from operating on [the imagination] ... ns observable that, when sing

. et af . &
their influence is very fecble and uncertain. As the relation of cause an

effect is requisite to persuade us of any real existence, so is this persuasion
requisite vo give force to these other relations™®

76 See The Treatise, p. 168.
. i ¢ 70.
77" Emphasis my own, Treatise, p. . )
78 Sce The Treatise, p. 168, p. .Am_ma. and The Enguity,
, llinois, 1994, pp- 66-67. . - o . bt
4 mﬂnﬂ:»:n %H” “impression” for Hume is 2 u_umau_“n Mmﬂmﬁﬂnn& m”aS either the senses
i " ion". Notz: "lmpressions may ividet
IE:% %mﬁﬂh The first kind arises in the soul ozm_._..n.:w.& e der. An
- mo”%nmﬁm in a great measure from our .-W_MM and that #“. rn”n O s o
secan: . ; .
i i i the senses, and makes us perceive heat | O
_Bwﬁ_oﬁa ﬂ_“rn”m”ﬂ..:_mnm or other. Of this imprestion thete swnﬂﬁw”%ﬂ ﬂm.
_..msmﬂﬂvﬂmnr Rﬂ.nw“ after the impression ccases; and this we call an § .
mind, fi o
in, when it returns upon
wﬂ“.ﬂ%ﬂﬂ:& fear, which may be properly nuh
detived from it" ( Treatise, pp. 7-8). See Chaprer 1 o

B0 Emphasis my own, Traatist, p. 199.

ed. by Antony Elew, Open Court La

led impressions of reflceion, because
£ my digscrtation for more derail.
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Here, Hume nortes thar the relation of caute and ¢ffect not only has more influ-
ence on the imagination than resemblance and contiguity have, bur also thar the
relation of cause and effect sirengthens our "intuitive” sense of resemblance and
contiguity.

To propetly uidérstand this, we should ask: Why would Hume say tha:: A, The
imagination is influenced by the non-intuitive relation of cause and effect as well as
the intuitive relations of resemblance and contiguity? and B, How is it that the
influence of the non-insuitive relation of cause and effect on the inuitive relations
resemblance and contiguity strengrhiens che lateer?

We may answer these questions as follows: Hume claims A. because it is the
imagination that allows us to develop otber relationships, including the relationship
of cause and effect; imagination is the fundamental creator or comstructor of al tela-
tions, apart from those relations of resemblance and contiguity - and whatever else
Hume may occasionally include in. this "fundamental relation” category (cf. p. 28
of this paper). This is the case, simply speaking, because if I have two impressions,
say a and b, and I constantly perceive them as “related” in 2 paricular way, it is
only the imagination that allows us to "determine” what this relationship could be.
For we do not perceive relationships as such, other than those already noted above.
However, Hume is then of course faced with the question: "Well how would the
imagination cven begin to "know" how to imagine relationships? Might it nor come
up with something entirely idiosyncratic, if it's not regulated in some fashion?” The
answer is: as noted in the last passage cited above, it i regulated, by our direct per-
ception of those relationships of resemblance, contiguity and cause and effect:
thanks to them, we imagine in a "resembling”, “contiguous”, or "cause and effect”
way. This is why the imagination must be influenced by these fundamental rela-
vions; they guarantee regularity. We may see how Hume could have conceived of this
to be the case with the following diagram/thoupht-experiment: 8

owo kinds, those of sensation
from unknown eauses, The

¢ soul, produces the new impressions of desire and

#1 After creating this simple diagram in an earlier paper of mine, "Humc's Method in Book I of
the Treatise; 3 Glancing Preludc to Quine”, | discovered thar Popper created something very
similar in the Logic of Seientific Discovery, p. 421. There however, Popper uscs the diagram to
argue against what he calls the “fundamental docerine which undetlies all theorics of
induction ... the doctrine of the primacy of repetitions” {Lagic of Scientific Discovery, p. 420).
Following, he distinguishes two variations of this doctrine. n the first variation, repeated
instanecs may serve o fustify an already formulated unsversat kew, In the second viriadon,
alchough repeated instances do merjustify an already escablished universal law, they generate
cerrzin befief that there are indeed universal laws that hold in regard to certain repeired
instances. Popper artribures this Jatcer version to Huic. Following, he argucs that with
consideration of hi$ diagram, which is similar enough to mine, both vagiations of the
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pont Fig. 2 Fg. 3

Given figures 1-4, ask yourself. if you were to draw the nextimage, Fig. 5, what
would you draw? Most likely, all readers would agree that the next image should be
any shape with a smaller circle in the upper higher right hand corner. That is, anc
would draw a shape that is - whar? - related in a certain way to Figures 1-4. For
convenienee's sake; let's call this relation 'X.' Now according to Hume, enc cannot
claim that [s}he was born knowing X, and nor can [s]he claim that [s]he simply saw
X, i.e. simply had an impression of iL. For if the former was the case, [s]he would be
claiming that [s}he can have an idea which was not ultimately derived from impres-
sions, which, according to Hume is impossible.#2 And if the latter was the case, 1
could have just as easily drawn only one:shape and expected you to explain the rela-
tion X to mie, e.g. recall Fig 1:

Fig. 1

»doctrine of the primacy of repetitions” are undermined. This is the casc he argues, because
the comprehension of certain similarities {and thus repetitions of sirailar instances of forms)
depends on what point of view the viewer cither has or chooses to take. This means, says
TPoppet, that "it is logically necessary that points of view, or interests, of expectations, are
logically prior, as well as: wemporally.{or causally o psychologically} prioz, to repetition, But
chis result destroys both the docrines of the logical and of the temporal primacy of
repetitions” (LSD, p. 422}, However, we must vealize that Hume did ner abide by Popper's
second variation of the “doctrine of the primacy of repexitions”, according ro Huine, as noted
in the main body of this paper, we do not experience repeared instances and then somechow
came to believe in-a universal law wishous the aid of some pre-supposed regulatory power.
For there is the imagination which does indecd reggalare and is indeed presupposed; allowing
Hume to agree that certain "peints of view", however vague they might be, are indeed
presupposed.

82 Recall that according to Hurne, aif idcas must have their origins in impressians. See at least
Book 1, Parc 1, Section | of the Traasise.
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H
gr.—ﬂ.m at Just Hm.—.nm unage, eﬂ& Nmrﬂﬂm L2 n—_ﬂm M uw.r—.hﬂ N. i n— oh
G* —.H.—nﬂ.ma Hﬂﬂunﬂ& 1 fenms Qm xm —ﬂhﬂm.__.ﬁh HME-. nch_—.—m nm._—ﬂﬂv orne 8&& H-hMH as ﬂhbw

g a SeE Qmu m e sam mah_m - Imﬂﬁm H— m
mcﬂﬂm H—ﬂnﬁ —Hﬂm mw T tL r Ghn. Of
e er-to T mﬁh n—ﬂhu

Fig. | Fig. 2

Or had the same size. For inscance:

Fig. 1 Fig.2

Or had the same darkness. For instance:

Fig. 1 Fig. 2

bbm e - " - .
u&onmanwwson._”ﬁ;ﬁ. to imagine .N. it seems one needs repeared impressions of the
e on o inqﬂwﬁma to constitute it i.¢. you needed 1o have impressions of fig-
e e >r OW many associations one needs to imagine a relation is not an
e o ¢. Also, crucial to note, one must be-able 1o recognize ﬁ:ka@ ie
lity to imagine the relation X is regulated by our imptession of th cion
) . i e relation
Indeed, thi imaginati
e n”&..nnmu&nrunnwr .:wE...n of the imagination is why, according ro Hume, we
o e other, ..w_.i why we develop the same relations although we
) very different experiences. This is, I am sure, what Hume meant when he

WIOoLe:
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We are only to regard [imagination] a5 a gensle force, which commanly
prevails, and is the cause why, among other things, langyages s0 nearly cor-
respond to each other®

With this regulatory power of the imagination in mind, now let me emphasize

that, as noted in the passage cited above, the relationship of cause and effect ako
affects the imagination. Note:
The qualities. from which [these] associations [of the imagination] arise,
and by which the mind is afier this mannér convey'd from one jdea to
another ave three, vis. Resemblance, Contiguity in tinie or place and Cause
and Effect:#

‘Now realize that this is the case simply because the relation of cause and effect is
the strongest regulation placed on our imagination, and shus of our ability to imag-
ine or construct ail ether relations. For recall that as noted in the passage cited from
p. 109, pages 28-29 of this paper, that Hume specifically says that the relation of
cause and effece must regulare the imagination when it comes time for the imagi-
pation to imagine other relations. This is the case, again, because as noted, conti-
guity and resemblance are really too “feeble”. It is crucial for us to realize then, that
the relation of cayse and cffect does all the fundamental regulatory work on the imagi-
nation; it allows it to conssruct relations as it does.

In addition, resemblance and contiguity are also "influenced/regulated” by canse
and effect, as noted in question B, above. Thus, in this sense, the imagination and
thus, the faculty that éreares all relations is "doubly” affected by the relation of cause
and effect. Somewhat visually, see that this works as follows:

1. [cause and effect] {influences/regulares = ) {resemblance and contiguity].

2. But [resemblance, contiguity and cause and effect] (also influences/ regulares

— ) [the imagination]

3. In turn the imagination] (imagines/regulates —> Y [all ather relations]
However, let me be carcful to note that before the relation of cause and cffect
may have such an influence on cither those intuited relations or the imagination,

we must first develop the relationship of cause and effect, because we surcly don't

5 Emphasis my own, Treatise, pp. 10-11.
8  First cmaphasis my own, Treavdse, p. 11.
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have an impression of it.35 To do thi i
i bl s o do this, the psychological/epistemological procedure
1. We are indeed born with the abili "intui
L Wea : . 1y to "intuit” resemblance and igui
ABM_ M:.aﬂ““ﬂ..nﬂmcﬁn&m&ﬁrm_ those other "fundamental” relations nonnmnMwE\n::mw:q
- AAs noted, these relations inform, or regulate, our abili o imagi |
. . , 3 ability te
mamn ﬁ%ﬁ n_...n help of the relation of cause and effect. e imagine, and
- m © peroeive certain impressions constantly conjoined, thanks to our abilities
M n%a@. nn.&ma.c@. note contiguity, and of course, remember 26
m«hn.u.nn n_”uﬁﬂr beliefis a.nqn.&%..k.. we see a and b constantdly conjoined so we begin o
el .imﬂrn N_“_E..ﬁmoamﬁ_ i a contiguous fashion: Fer essential .ﬂc note, in are
bom v am_. . nmm vEm rather with an ability ¢6 believe; belief may only arise from
petition of the perception of certain impressions "arranged” in cerrain i&a Not
oo . ! . £
M.“ is] clearly ME.RR\ that a present impression with a velation of causa
1t may enliven any idea, and cop y -
n ma . msequently produce belic
@ccording ta the precedent definition of it 8 7 produce bl or awent
.M@E as M qw& é&u.w CUSTOM, which proceeds ffom a past repeti-
RHH IoKiout any new reasoning or conclusion, we may establish it as a
ertain 95&” that all the belicf which follows upon any present impres-
sion, is deriv'd solely from that origin 85 o ?

w«m«.\ ‘.aa_a no rew idea to the conception. It only varies the manner of
..Manasau.. and makes a diffevenice 1o the feeling or sentimens. m..nb.mw.
Qe@.« in all marters of fact arises only from custom, and is an idea :
ceived in 4 peculiar manner ® -
belizf; which astends J s explai
/] . experience, is explained to be nothing but a peculi
sentiment, or Lively concoption produced by habit % # e peeular

Recall of course, the fact thar we do. mor have an impression of cause and effoct is perthaps she

hwndamental caim i LI . )
of indumsin. in Hume's epistemology; representing of cousse, the root of the problem

Keep in mind the role of memory in Hi
N ) emory in Hume, which : wos .
deuail here. See ar least Book I, Part I, Sccii .n_hu E._ omn_ww:nunw._.namuw reseraints, 1 can't discuss in

Treasise, p. 101.
Trearise, p. 102.
Abstract of 2 Teearise of Human Nature, p. 36
- Abstract of a Treatise of Human Narure, P um.”
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as it is impossible thac this .mﬁ:@.aﬂ. u.w.amu.a&&a EM& QM” “M.H.n uwﬂm..__.“”nh_. |
w&.&m it is evident that belief aamnu.za. in &C“Ua .. ”&. " ?E.ﬁ.. e
ideas, but in the manner of their conception; and. in b.n frig & ohe
mind. 1 confess, that is impossible perfectly to cxplain this feeling.
ner of conception ! -
the M&Qnﬁ of belief is nothing but a n.aun%n..a: aq.awm ..qa.,«a_,“ MﬂMM«WMm
shan what attends the mere fictions of the imaginasion, .na% gt
manner of conception arises from a Eﬂﬁhqp.%énagaa .
with something present to the memory oF ma,na.u.
5. In turn, we imagine and then come 10 believe in the rel
&mmu. Following, when we belicve that a and b must ahways _un.v..m.m.onmwﬁm »“E m“M” a
nan:.mm:o—.a, .__.Lm._ mcause and effect” fashion, we bmagine the relationship of necessizy.

For like all other relations, necessity is an imagined relationship for Hume. Like-
or : ,

ecessary } : believe in it
ion is simpl: itable to how much we i i
e Y ot ne“m equitable to how much we believe in

ikewise, how probable some relationship is, is equitable ta BO e
W_ the "upper ﬂznn.. of belief, so to speak, being the belief in a necessary
ship.

Zoﬁm.% after a frequent repetition, I find, that upon the nﬁb«nwaann M. one of
the a&.nﬁr. acts, the mind is determin'd by custom to naEE_n.ﬂ its usu y Mﬂﬁ%
dant, and to consider it in a stronger light upon ua..ntaw of 5&1& e
the first object. ""Tis this impression, then, ot dererminasion, Wi
me the idea of necessity.” - .
The idea of necessity arises from somte- mpression. .w.ma«..n a?iﬂ”“mﬂ
__..aau&_&..&‘ our senses, which can give vise 10 that S..un. H«. must, ¥ H‘..Q.n
be derivd from some internal impression, or impréssion m“\ reflexi aﬂ.na.a...n

. . i it lation to the present )
is no- internal impression, which has any re busines
Me_wanm&. propensity, which custom produces, fo pas .?3: wa a&wﬁ .,Mw .a“
idea of “.n_ usual attendant. This therefore is the esience of aa.a..,.“a_. lp "
&«nﬁ.@ak necessity is something, that exisis in the mind, not in objects;

ationship of casse and

91 m;uzmnw. p. 92.
92 Enquiry. p- 93.
93 Treatise, P .—mﬁ.
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nor is it possible for us to ever form the most distans idea. of it, considerd
as a quality in bodies. Either we have no idea of nevessity, or necessity is
nothing but that determination of the thought to pass from causes to effects
and from effects to causes, according to their experien’d union %

With this in mind, it should be clear why Hume does not appeal to er employ a
strict sense of necessity in che sense that it is 4 priori. Thus we must realize thac
Hume's necessity admits of "degrees” of belief, with igs "upper limit” representing
something like "necessity”, which is merely strong belief, not a priori necessity.
Thus, it simply follows thar there are no 2 prigri necessary truths for Hume, and
thus we have sufficient evidence thar:

?mnannrcnmr:h#:ai&mmwgmznmnScsmo*..a »ela:.c_.._mnmna_.nnn&uQ
because
B. There is 70 a priori sense of necessity because:
C. Necessity is merely a function of beligf
Concomitantly we sec thar:
D. The relation necessity is derived from cause and effect because:
E, We initially came up the relation necessity when we came to befieve that a
oertain cause necessarily cansed a certain effect, And thus, Hume's comment noted
abave: " Either we have no idea of necessity, or necessity is.nothing but that determina-
tion of the thought to pass from causes to effects and from effects 1o causes, according to
their experien'd union " However, this is nor to say thar Hume didn't think that
necessity could not then be applied to relations other than thar of cause and effect,
Visually, with Approach/Argument #1 in mind, see thar this enrire Process pro-
ceeds as follows:
L. We are born with the capability to remember, imagine, have impressions and
ideas, and recognize the relations of resemblance and contiguiry.
2. {resemblance and contiguity] (influence/regulate —) [the imagination]
3. [the memory] (remembers —) [certain impressions)

4. [the ability to believe] (comes to believe thar —») [these relations are related in
a certain way]

5. [the imaginacion (given 2)] (imagines the —») [the relation of cause and effect]
6. [the imagination] (imagines that —) [the relation of cause and effect is neces-
sary]

84 Treatise, p. 166.
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7. [the ability to believe] (believes thar —3) [the relation of cause and effect is
. [the

:no...mum_.ﬁ. « and effect] (influences/regulates —») [resemblance u:.m_ ncﬂnm:..mu. o
m FHﬁ:ununHauw:&Fﬁnn contiguity and cause and effect] (influences/regula
9, In am ]

—») [the wanmmnpa._o& ol 6
0. In rarn [the imagination] Um . aues -
“L _””rn imagined relation necessity] (may be applied
. i i ympari-
ﬁ.o%“. with the exception of those relations noted in 2, u% n%m:oaa {(comp
oy depeden on Gl ) b LT ey
i is in mind, realize that it simply 3 . .
dq:“»hr W.n WBMHE« for Hume, In fact, note arwn directly n%a“_ nw%u”:mﬁuiaﬂmnm:a"
E.MM n page x, where Hume explicitly links necessity to cause an , .
a : Xy ’ -
- %Mm as the necessity, which makes fwo Emes 769 ﬁ:& te .@Hﬁ or Mha
:Mn.n of a triangle equal ta two right ones, lies only in the undersianamg
ang ) A . B
@wﬁ.&n& we consider and compare these ideas.?

1 Vares —») [all other relarions) |
e to ) [all those other reka-

L]

And then later: B . it oionce, a5 1
;i g 0 ere i
Thae » u.aa \“MM.HH“ “.H “Hﬂ”ﬁ””ﬂ&wﬁ“ﬂ%g ?..n discovery of it
.&anw na_,mw.“ ¢ any thing, but a mere probabilisy. Every time he runs over
or Tegara i M.h nuwgn« encreases; but still mare by the n@mw&aaa of
..E. mﬁ%.&.. Mam i rais'd to its utmost perfection by the :naa.u& nnm“anm
- ?3& . .a\. the learned world. Now 'tis evident, that. &W gra .
and %ﬁ Ea yarce i3 mg.:.aw bus the addition of new mawnvw&ua. an
Hﬁmﬂh she conssant union of cause-and effects, according o past

experience and observation.%
Thit is, according to thesé passages,

. . . wyy - -

m ]

MOT H-W eCIs [} N.: MHWMH INSLAnces. Hw:.m even ngﬂ@nuunNuﬁhh Co! ”H—moﬁﬂu
< _

ther words, mathematical reasoning, indeed, alf reasoning for Hume,
o >

9  Treatise, p. 166
9%  Treqtise: pp- 180-181.
% Treasize. p. 166

and others throughout Hume's work,
{ “considerling] the union of two or
or in

relies on the
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notion of cause and effect, leading him to claim: “we must consider custom ... to
which I arrribute @4 belief and reasoning,. "%

Thus, we sec that Hume thinks there is no sharp division berween mathemarical
(and logical} knowledge and all other knowledge;” although Hume does claim that
to most of us, there certainly appears to be a difference. This alleged difference is
representative of what [ loosely refer to as Hume's pragmatic sense of necessity
which [ discuss elsewhere in my dissertarion.

§2 Fvaluarions
With §1 in mind, we may now make the following conclusions in liphr of Paris 1
and I of this paper:

A. According to Hume, 2 given relation may only be imagined to hold berween
some a and some b (with the exception of those noted above). Further, it may only
be imagined as such with the help of constant conjunction and belief, as explained
in derail in §$1. As a result, for Hume, a relation could never be construed as being,
in any sensé connected to a real property, er predicate of a subject; it is imagined, a
conseruction of the mind. Further, a relation for Hume could never be construed as
being relative in the sense that some thing a with a property x infers, much less
guaranters that these also be some b with 2 concomitant property y; there is no
inference from any a to b in Hume, we are thoroughly dependent oni constant con-
junction. instead - Le. we associate a with b only because we have seen them
together a certain numbser of times. Thus, in shorr, Hume does nof adhere 1o the
traditional paradigm of relation quae subject-predicate.

B. According to Hume, we don't directly perceive relarions, with the exception
of those very few nated in §1. From this it follows that relations are no¢ mind-inde-
pendent encities that we may be “acquainted with”, o logically conceive of as such.
Thus, Hume did not belong to what I loosely characterized as the "contemporary”
school of thoughr regarding a relation in Part [ either.

C. As noted, with very few exceptions, almost all relations are neither perceived
nor are we bomn knowing them. They are instead, as has been shown above, con-
structed, However, as suggested above, the paralle] berween Hume's conception of
construction is not exactly identical to the mathematical construction of objects
noted earlier. Rather, the parallel must be understood in a slightly different sense.

% Emphasis my own, Freatise, p. 115.
¥ That i, there is no substantive distingtion berween "marters of fact™ and "rclarions of ideas”,
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To sce how, le’s review what's going on here in terms of a couple of .m..mEE.n o:w..p
grams. First, recall the general process of mathematical synthesis as 1 characterized it
in Parc 1L: N ) |
N [1] 2. Recall that in all cases, from Pappus to the contemporancs, _.a_mlcnm are
already "given” (to be filled in in Parc 1) With this in mind, note the following
diagram that generalizes the constructive process.

b A ¥ig.B

N

“Third thing”

b. Here, with our knowledge of figure A in Bw.an_. we appeal nw mwn.n ﬂrc.nw
moc.-.nm. ¢.g. formal inuition or knowledge Ernnaw_n in the soul, to ¢réate or construc
us, ulrimately solve the given problem. .
mm“”w._“w“_:nwrn general _u_.Mnnmu behind the Humean nuEn.Enmo: of nﬂ H.FMMW y
[2] a. Keep in mind thar for Hume, relations are »os given. w_.n__ﬂ n.,.. cmm : s 0
creating, or constructing them is in fact paraliel to the process descri .
Recall onr carlier thaught-experiment:

e - ©

Fig.2 Fig. 3

“Third thing™—i.¢. gur intuitians of regularity, ekc.

v

The relation *X"

i i & ic Sran joined.
b. That is, we expericnce a given series of impressions SEE& conjoin
Appealing to some "third thing”, e.g.. our intuitions of resemblance, contiguiry,
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€1c., we imagine, or in other words, create, or construct the relation, which we may
understand in this case, as an imagined "object” t00.

Thus in short: All relations for Hume, again with those very few exceptions
nated above, are bred from a synthesis that is not entirely unique, but has shown
itself in terms of mathemarical construction throughour the history of philosophy.
However, we also sec that although Hume too appeals to "intuition” as a "third

thing,” it is "feeble” and does nor guarantee the necessity of -any relation. Instead, alf
relations for Hume are contingent.

Concluding Remarks

As promised ar the very beginning of this paper, we may now conclude the follow-
Emu

[A] Hume did nor and could not appeal to the cither the 4 priori and/or the
"necessary” to solve the problem of induction. For as he saw it, all refations are
synthetic non-nccessary constriictions. As a result; any proposition, including
muthematical propositions, must be synthetic and non-necessary. Concomitantly,
Hume could not appeal to probability theory' to account for the problem of
induction.

[B] Long before Quine, and for reasons very similar to Quine, Hume questioned
the "analytic/synchetic” distinction,

199 The further question is: Just how much of an “object” is a relation in Hume? Is it in any way

anzlogous to a scr-theoretical object - i.e. 2 set that is in fact to be identificd with 2 given
relation R?




