KEVIN C. KLEMENT

THE NUMBER OF SENSES

ABSTRACT. Many philosophers still countenance senses or meanings in the broadly
Fregean vein. However, it is difficult to posit the existence of senses without positing quite
a lot of them, including at least one presenting every entity in existence. I discuss a number
of Cantorian paradoxes that seem to result from an overly large metaphysics of senses, and
various possible solutions. Certain more deflationary and non-traditional understandings
of senses, and to what extent they fare better in solving the problems, are also discussed.
In the end, it is concluded that one must divide senses into various ramified-orders in order
to avoid antinomy, but that the philosophical justification of such orders is, as yet, still
somewhat problematic. -

1. INTRODUCTION

For Frege (1892a), a sense was thought to consist in a ‘mode of presenta-
tion’ of a referent. Although it is fair to say that almost no contemporary
philosopher subscribes to Frege’s original views on senses down to the
letter, many — e.g., Graeme Forbes (1990), John Searle (1983), J errold Katz
(1990), etc. — do still countenance senses in some form or another. Even
those who are wary of making room for senses in their theories of the
semantics of language sometimes make room for ‘modes of presentation’
or ‘methods of representation’ in their epistemologies or philosophies of
mind. Recently, certain direct reference theorists for names, although stick-
ing to the claim that ‘Hesperus is a planet’ and ‘Phosphorus is a planet’
are indistinguishable semantically, have nevertheless invoked ‘modes of
presentation’ or ‘ways of taking’ in the belief relation as a way of solv-
ing certain belief puzzles (see, e.g., Jeshion 2000). The issues raised in
this paper are a concern not just for the traditional Fregean conception of
senses, but, at least potentially, for any theory that legitimizes talk about
different senses, whether or not those senses are thought to be metaphys-
ically- fundamental or irreducible. In the end, I think this should include
just about everyone’s theory, because, surely, common sense alone makes
it obvious that the same object can be grasped, gotten at, conceived of,
or represented in different ways, and there must be some explanation for
this. As the title of the paper suggests, the questions I want to raise center
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around how many senses there are. All that is required to get these issues
off the ground is that it makes sense to discuss senses, distinguish them or
identify them, enumerate them and/or quantify over them. (It is reasonable
to think that if we can do any of these things, we can do all of them.) One
does not have to buy into Frege’s ‘third realm’ for this to be possible. After
all, even a reductionist about persons, about countries, or about headaches
can believe it is meaningful to ask how many of these things there are (in
the room, in NATO, or since the neighbors bought a new stereo, etc.)

In what follows, I shall often begin by assuming a rather traditional
Fregean conception of senses, but it is never to be taken as a dogmatic
assumption. Along the way, I shall pause to discuss alternative conceptions
of senses and to what extent those conceptions fare better (or worse) than
the traditional conception when it comes to dealing with the issues under
consideration. ‘

2. THE PROBLEMS TO BE SOLVED

The question as to how many senses there are may seem purely recondite
and academic. After all, no one cares how many grains of sand there are
in the Sahara. Why be any more concerned with how many senses there
are? However, it would be folly to remain unconcerned. The importance of
the issue is perhaps most easily seen from the standpoint of the traditional
Fregean theory, in which senses are necessarily existing abstract objects.
Consider the difficulties that have arisen with attempts to enumerate other
abstract entities, like sets, classes and numbers: Cantor’s paradox, Rus-
sell’s paradox, the Konig-Dixon paradox, the Burali~Forti paradox, etc.
These problems have had an enormous influence on logic and the philo-
sophy of mathematics. Similar paradoxes are at least potentially a concern
for the attempt to enumerate senses, and just as, e.g., avoiding Russell’s
paradox has had the effect of greatly constraining what sorts of theories of
the nature of classes and sets can be adequate, I believe similar paradoxes
greatly constrain what theories of the nature of senses can be adequate.
Theories of senses seem particuldrly liable to get into trouble with Can-

tor’s power-class theorem, according to which there must be more classes

of entities in a certain domain (i.e., subclasses of that domain) than there
are entities in that domain. However, assuming it is intelligible to speak of
classes of senses, it is hard to maintain that there are more classes of senses
than there are senses. Indeed, to guarantee that there are as many senses
presenting classes as there are classes, we need only make the following
iree assumptions:
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Principle of Conceivability (PC): for every entity, there is at least one
sense presenting it as referent.

Principle of Determinacy (PD): no sense presents more than one entity
as referent.

Principle of Classes as Entities (PCE): classes are entities.

We shall discuss the viability of these and other principles in some de-
tail below, but given these principles, every class of senses will have at
least one sense that presents it (and only it), thereby posing a violation of
Cantor’s theorem.

A parallel difficulty can easily arise for thoughts or propositions, which
many, from Frege on, have understood as complex senses, senses that
would be expressed by complete sentences. If there are such things as
thoughts or propositions, and they can be members of classes, Cantor’s the-
orem requires that there be more classes of propositions than propositions.
The difficulty, of course, is the apparent truth of the following principle
(justified perhaps by considering, for each entity, the proposition that that
entity exists, or is self-identical, etc.):

Principle of Propositions (PP): for every entity, it is possible to generate
a different proposition.

Together with PCE above, this too yields a violation of Cantor’s the-
orem, because for each class of propositions we can generate a different
proposition, guaranteeing as many propositions as classes of propositions.!

Applying the diagonalization recipe for generating an antinomy when
Cantor’s theorem is violated, we arrive at the following apparent contra-
dictions:

Class/sense paradox: Some senses that present classes are in the classes
they present; some are not. The class of all senses, e.g., contains all the
senses that present it, while the null class does not contain any of the
senses that present it. Let us define C as the class of all senses that present
some class in which they are not included. Now consider any sense, C*,
presenting C. Is C* in C? It is just in case it is not.

Class/proposition paradox: Consider the (false) propositions expressed
by such sentences as ‘every entity is in the class of humans’, ‘every entity
is in the null class’, ‘every entity is in the class of propositions’. Some of
these propositions are themselves in the classes they are about, such as the
final example. Others, like the first two examples, are not in the classes
they are about. Define W as the class containing every proposition of this
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form that is not in the class it is about. Then consider R, the proposition
that every entity is in W. Is R in W? It is just in case it is not.
These paradoxes, to be sure, not only involve classes, they are quite sim-

ilar in structure to Russell’s paradox. However, it should not be thought that -

these paradoxes would automatically be solved by whatever modifications
we adopt for our class theory to solve Russell’s paradox. For example, the
above paradoxes, unlike Russell’s paradox, do not violate the simple theory
of types for classes, nor do they in any obvious way violate the 'axiom of
foundation’ used by many set theorists to avoid Russell’s paradox. (I shall
later take up the issue of fypes of senses to see what help such theories
might have for avoiding these difficulties.)

Indeed, it is possible to generate similar antinomies without making
mention of classes at all. This is especially true if a theory of sense is
wedded to a liberal metaphysics of attributes, concepts or properties. The
formulation of such antinomies is somewhat problematic, especially be-
cause of how widely divergent the views are of different philosophers with
regard to how, and even whether or not, the sense/reference distinction
applies to such things. Carnap’s position, for example, is that a property
is the intension (sense) of a predicate expression while a class is its ex-
tension (Carnap 1947). On Frege’s own view, a concept (Begriff), which
he understands as a special kind of function, is the referent of a predicate.
Predicates also expresses senses, for Frege, but exactly what such senses
are is a matter of some controversy among Frege scholars.? On Dummett’s
interpretation, however, the senses of predicate expressions are themselves
objects, differing from other senses only in that the referents they present
are concepts rather than objects (Dummett 1973, pp. 291-294). Using
Dummett’s terminology, we can state the following contradiction:

Concept/sense paradox: Some senses presenting concepts fall under the
concepts they present, such as any sense presenting the concept of self-
identity, or the concept of being a sense, etc. However, other senses do
not fall under the concepts they present, such as any sense presenting the
concept of being human, or being made of cheese. Define D as the concept
of being a sense that présents a concept it does not itself-fall under. Then
consider any sense, D*, presentiig’ D. Does D* fall under D? It does just
case it does not. :

The concept/sense paradox can be understood as simply an intensional
variant of the Grelling paradox. Given those already outlined, the following
paradox is perhaps an obvious addition to the list:
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Concept/proposition paradox: Consider the propositions expressed by
such sentences as ‘every entity is red’, ‘every entity is human’, ‘every
entity is self-identical’, etc. Some such propositions themselves fall under
the concepts that they generalize, such as the final example. Others, such
as the first two, do not fall under the concepts they generalize. Define F as
the concept that applies to something just in case it is a proposition of this
form that does not fall under the concept it generalizes. Now consider P,
the proposition that every entity is F. Does P fall under F? It does just in
case it does not.

I certainly do not mean to suggest that all of these contradictions are a
problem for every theory of the nature of senses. In fact, as I discuss later,
there is at least some reason to think that Frege’s own views would be
immune to the concept/sense paradox. Each theory of the nature of senses
must be examined carefully in order to determine whether or not it is prey
to these (and similar) paradoxes. Given the relation of these paradoxes to
Cantor’s theorem, it is natural to begin our examinations by looking at
how many senses we can assume to exist. Just as Russell’s paradox seems
to provide a reason to be wary of positing too many classes too easily, these
paradoxes seem to give reason for caution with regard to positing too many
senses too readily.

Unfortunately, however, it is very difficult to countenance senses at
all without countenancing quite a lot of them. Given PC and PD listed
above, all it would take to guarantee an infinite number of senses is the
assumption that there is at least one entity, A, that isn’t a sense, along with
the following principle:

Principle of Sense as Entities (PSE): senses are entities.

By PC, A would be presented by at least one sense Sp, and S1, as an entity,
would be presented by at least one sense Sy, and S, would be presented
by S3, and so on ad infinitum. (It is necessary to suppose that A is not a
sense to ensure that this chain is not circular. If A were a sense, it might be
that S; presents A, S, presents Sy, and A presents S,. PD ensures that the
chain does not loop back in on itself at any point other than A.) Assuming
that there is a non-denumerably infinite number of things that aren’t senses
(e.g., points in space), we would be guaranteed a non-denumerable number
of infinite hierarchies of senses, and a fortiori, a non-denumerably infinite
number of senses. Principle PP, along with an assumption to the effect that
propositions are entities, would generate similar results. It would certainly
seem desirable to avoid these results if at all possible. In order to do so, it
is necessary to deny one or more of PC, PD or PSE.
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3. SENSES WITH MULTIPLE REFERENTS?

At first blush, PD perhaps seems most innocuous. According to the tradi-
tional theories of sense, the way a sense works is by setting forth a certain
property or characteristic, and the referent presented by the sense is pre-
cisely that thing of which this property or characteristic is uniquely true. If
nothing has this property, or if several things do, the sense is usually taken
to be without referent (Frege 1892a, p. 153). On this model, it is of course
impossible for a sense to present more than one referent. Even on other
views of the ways senses work, something like PD is usually assumed.
After all, it is the task of senses to determine reference. If a sense presents
more than one thing as referent, reference would not be determinate (at
least not by sense alone).

However, the point has been challenged, even by those who acknow-
ledge senses as entities that have a role in determining reference. Consider
the views of Jerrold Katz (2001), who believes that senses work along
with features of the context of use to determine reference. According to his
theory of proper names, for example, the name ‘George Bush’, expresses
the same sense when used in 1991 to speak of the person who was president
then, as it does in 2002 to speak of the current president. By itself, the

Same sense presents both father and son, but on any given use, features of

the context work to make reference determinate. Technically, then, on his
view, PD is false. This same sense presents everyone who bears the name
‘George Bush’. '

This may seem to help us find a way out of many of the problems
discussed so far. Both the Cantorian paradoxes and the infinite hierarchies

just considered seem to come from PC, positing a sense for every entity,

be it a class or a point in space. However, PC by itself, does not guarantee
that there is a different sense presenting every class. If it were possible,
for example, for the same sense to present many different classes, PC
would not in itself violate Cantor’s theorem. Similarly, if it were possible
for the same sense to present many different points in space, then there
would not necessarily need to be non-denumerably many senses to present
non-denumerably many points. Consider also, e.g., the effect denying PD
would have on the class/senseparadox. Normally, the antinomy would
result from showing that the conclusion that C* is not in C follows by
assuming that it is, and vice-versa. Suppose that Cis in C*. This means that
it presents some class that it is not in, but this class need not necessarily
be C. It could be some other class that it also presents. This assumption is
not contradictory, and the antinomy is avoided.
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However, I think this response works top _fast. While on Katz Zth;:)srgs,
some senses present more than one thing, 1E is not the case that ath :n s
do. The sense of the name ‘George Bush’ may press:nt mo;eh o one
person but the senses of the expressions ‘Fhe 41st pr,emdent 0 }t) e nS -
States’ and ‘the 43rd president of the United States’ are una;n t1gu;)uuel
whom they present. It is not as though there are no senses Cti a 1:816(3l : nz
single out either of these men. Let us call those senses that do prll et no
more than one thing ‘strong senses’. On most theories of sens;s, a senses
are strong senses. For some theories, such as that.of Ka}tz, this is o aré
however, I cannot imagine any theory of senses in which no SG:S s o
strong senses. It is true that without PD, PC does not guaraigtge bViateZ
senses as classes or points in space, but the need for PD would be o

if PC were strengthened to the following:

Strong Principle of Conceivability (SPC): for every entity, there is at
least one strong sense presenting it as referent.

If SPC holds, then the denial of PD in its general form provides us with
no help for the problems under discussion. To resurrect the c.lass/sensel
paradox, e.g., we need only assume that C* is a strong sense. This leads us

to our next question: is SPC true?

4. A SENSE FOR EVERY REFERENT?

PC and SPC, I think, stand or fall together. SPC entails PC, and mosjtt;g:r:)s
arguments for PC would also be arguments for SPC. Indeed(,jon firas 11) wonal
theories of senses, in which all senses are strong genses, PC an  ore e
equivalent. The issue requires most careful §crut1ny, becaus; { etr'elh, :
think, a natural temptation to see these prlnclple§, as bold ef)q;ten 12rk 3i/n
potheses positing the -existence of senses, as doing most of the w

i aradoxes. .
gen’l?;aet;::lgrrfgiphowever, be no knock-down argument for or aga}tn:}tl :tal;
ing every entity to have at least one (strong) sense preser;tmg L that 19
independent of a more detailed theory of senses. Howeiver,S Psgsa o thers
is good reason to think that on the mo§t. natural theor;es,‘ X ’ WhiCh;
Senses are modes of presentation of entlt.les; tl.ley are that ¢ rougd el
we conceive or grasp objects. If a certain ob_Ject is not pr;sent; yamz
sense, it would seem that it must be impossible 'to c‘opc?veh'o 0{ r; e
that object. Hence the name ‘princip1‘e pf concelvab'lhty\.N;1 .is Eg«rtlaigly
suggests that there is a way of conceiving of anythmg. ) 1feor ainly
there are particular entities that no one ever has conceived o
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or will (despite Berkeley’s ‘master argument’),* there is, I think, a strong
intuition that there are no objects that are incapable of being named or
grasped.

.Indeed, in his discussion of Church’s Logic of Sense and Denotation, in
which, unexpectedly, the principle that every entity is presented by at least
one sense follows as a theorem, C. A. Anderson (1980, p. 224) writes:

On the Fregean theory of meaning, an entity is nameable only if there is a concept [i.e.,
sense] of it (for the name, or description, to express), or so it - might be argued. And is it not
obvious that every entity whatever is nameable?

The argument is not cogent. From the fact (if indeed it is a fact) that some entities do not
fall under any concepts — as things actually are — it does not follow that there are entities

which could not fall under any concept. This reply is not affected by the suggestion that
concepts have necessary existence.

His point, I take it, is this: just because no senses do present a certain
object, B, this does not mean that no senses could. He grants that senses
have necessary existence, i.e., that the same set of senses exists in every
possible world. Because the relationship between senses and the referents
they present is (at least in most cases)® non-rigid, it is possible that in some
other possible world the object B is presented by some sense that presents
something else (or nothing at all) in the actual world. In that case, it is
still possible to conceive of or name B, although B is not presented by any
sense in the actual world.

Again, I think the argument moves too fast. If we consider senses to
present their referents in virtue of the properties of the referents, a sense
that presents B in some other possible world but not in the actual world
could only do so if B had properties in the other world it does not have in
the actual world.® However, I think the intuition that we have that every:
entity is graspable and nameable is that every entity — precisely as it is — is
capable of being grasped and named. That is, if B is not named or grasped
in the actual world, it is still true that there is a world that differs from
the actual world only in terms of what namers name and what conceivers
conceive in which B is named or conceived of. If B is precisely the same in
that world as it is in the actual world, then it is presented by the same senses
in the two worlds. Hence, whatever sense through which B is conceived of
or named in that world also presents B in the actual world. Therefore, if B
is capable of being grasped or named - precisely as it is — then, even if it
is not actually named or grasped, there are nevertheless senses that present
it in the actual world.

Ideally, however, our acceptance of SPC should be based on an actual
argument and not on mere intuition. On the sort of theory of the nature
Qf senses we have been considering, the bare bones of such an argument
is not difficult to construct. On such a theory, whenever there is a set

s sy
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conditions or attributes uniquely held by some entity, there exists a (strong)
sense that presents that entity (and that entity alone) in virtue of this fact.
Given the identity of indiscernibles, no two entities share all of their prop-
erties. For every entity, therefore, there is a set of conditions or attributes
held by it alone, such as the logical conjunction of all its properties. There-
fore — or so it might be argued — at least one strong sense exists presenting
every entity, and SPC is validated.

There are, I suppose, a number of different ways in which this argument
might be challenged. The identity of indiscernibles, for example, is by no
means uncontroversial. If it is false, then we actually have very good reason
to think that SPC is false as well. (After all, if two entities are exactly alike,
how could it be at all possible to conceive or name one as opposed to the
other?) Another potential failing with the argument is that, although the
identity of indiscernibles guarantees that any two objects differ in at least
one way, it does not guarantee that there is one specific property or finite
combination of properties that by itself differentiates a given object from
all other objects. It might be argued that senses, due to the role they play
in cognition and understanding, can only be finitely complex. It may be
true that the logical conjunction of all an object’s properties is unique to
that object, but if this conjunction is infinitely large, perhaps it does not
correspond to a sense.

This is a difficult issue. I take it that complexity in the nature of senses
is not itself problematic. After all, the standard examples given of senses
in the literature (e.g., that which presents Venus in virtue of its shining the
brightest in the morning sky) are by no means simple. If senses are abstract
entities, independent of mind and language, as Frege himself thought, I see
no principled reason why senses of infinite complexity would be excluded.
However, other views on the nature of senses may have more trouble al-
lowing infinitely complex senses. Still, it is not clear that they are required
for the argument. On many metaphysical theories, properties divide into
primitive properties (and relations) and derived or defined properties (and
relations), and the number of primitive properties entities are thought to
have is limited. If all other properties ‘supervene’ upon the primitives, then
the logical conjunction of all its primitive properties alone will be unique
to an entity. If these are finite in number, then the sense that presents it in
virtue of this conjunction will only be finitely complex.

Of course, however, a full answer to this question would require set-
tling some of the most fundamental questions about the metaphysics of
properties and their relation to senses, which we cannot hope to do here.
Still, I think there is good reason to think that on most traditional theories
of the nature of senses, SPC (and hence PC) will likely hold (at least if the
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identity of indiscernibles does). Indeed, in many metaphysical theories
the denial of PC or SPC would have very damaging consequences.’ Fo;
example, a fact is often equated with a true proposition (e.g., in Frege
1918,' p- 342). If propositions are complex senses, and are about ’what their
constituent senses present, the denial of PC would lead to the consequence
that there are entities about which there are no facts — a very curious
result ind.eed! Even on a more Russellian view of propositions, on which
the copgtltuents of propositions are not senses, but the very objects the
propos%tlon is about, if facts are true propositions, then in order to avoid
the curious result just mentioned, PP would have to be assumed. While PP
does not lead to precisely the same hierarchies and Cantorian paradoxes
as PC and SPC, it does generate similar hierarchies and paradoxes, and
hence, difficulties every bit as troubling. ’

5. CONSERVATIVE ONTOLOGIES OF SENSES

Frege himself thought that senses were abstract entities existing in a ‘third
realm’,‘ neither created by our mental or linguistic practices nor destroyed
by their ce?ssation. Surely, with this robust understanding of the reality
of senses, it is not difficult to imagine that Frege’s ‘third realm’ must be
rather heavily populated. What, however, of more conservative ontologies
of senses, such as those that make the existence of senses depend in some
way on the mind or on language? Whatever else might be said for er
against such theories, at first blush, they do seem to offer quite a lot of

hope for' reducing the number of senses posited. However, the appearance
may be illusory.

On a psychological understanding of senses, it might be argued that:.'

the?e? are no senses that are never ‘used’ by any mind. Therefore, only those
en.tltles about which people or other thinkers have thought, are thinking, or
will .think, have senses that present them. Surely, on this view, PC and S’PC
are likely to be false. Many, perhaps most, entities in existence, never come
into contact with any mind.® On this view, there is likely no violation of
Cantor’s theorem, because not every subclass of senses has been thought
of, and hence there may be fewer senses than classes of senses. Similarly.
not every concept applying to senses has been grasped by a mind. An(i
the infinite hierarchies are not generated, because not every sense that has
been u.sed by a mind has also been thought about by a mind.

Thl.S sort of view of the nature of senses, to be sure, is not Initially very
attractive on other grounds, as Frege himself was prone to argue. That
Venug can be represented both as that object that shines brightest in the
morning sky, and also as that object that shines brightest in the evening sky

e
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seems to be entirely a feature of Venus itself; it does not seem contingent
upon anyone’s actually conceiving of Venus in these ways. The same sort
of view, when applied to propositions as complex senses, at least in its

_crude form, would seem to yield the result that when a person realizes

a new truth that no one has entertained before, he or she is not so much
discovering a truth that was already there, he or she is instead bringing
what it is that is true (the proposition) into existence. There also seems to
be a difficulty on this view with explaining how it is that multiple people
can seemingly make use of the same sense or grasp the same proposition.
If senses and propositions are mental entities, they would seem, like mental
states, to be private to a single mind. If they are capable of being shared,
then it seems they must be independent of any one particular mind, and
in principle, capable of existing independently of any minds. But perhaps
the advantages of such a conservative ontology of senses in solving the
difficulties here under discussion may provide sufficient motivation for
attempting to work out these problems with a psychological theory of
senses.

A linguistic understanding of senses, i.e., one in which the existence of
senses is tied to their being expressed (or being expressible) in a language,
may seem to have similar merits. Though most philosophers that counten-
ance senses see them as playing a role in their philosophies of language,
few take senses themselves to be linguistic entities. Indeed, the language-
independence, and hence, language-neutrality, of senses plays a large role
in their philosophical motivation, as they are often invoked in explaining
what makes correct translations between languages synonymous. But it is
perhaps not overly implausible to suppose that there is some connection
between language and the existence of senses. There are several degrees
of strength we might imagine the connection to have. The strongest, I
suppose, would be to suggest that the only senses that exist are those that
have actually been (or will be) expressed by actual uses of expressions
in some existent natural language. This seems overly strong. Languages
have a somewhat curious ontological status. They themselves arguably are
abstract objects (as argued, e.g., in Katz 1981), and there certainly seem
to be well-formed sentences and phrases of English that never have been
(or will be) spoken or written by anyone. It would be difficult, I think, to
maintain that these expressions are, as things actually are, without sense.

A more modest claim would be to suggest that there are no more senses
than could ideally be expressed in an ideally expressive natural language.
This more modest claim may itself greatly reduce the number of senses
posited. While there are an infinite number of grammatically well-formed
and meaningful sentences one could put together in English (or any other
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natural language we have managed to invent), the number is only a count-
able infinity. Assuming that an ‘ideally expressive language’ would share
this feature, there would, on such a view, be at most a countable infinity
of senses. We know that if there are an uncountably infinite number of
entities in the universe then not all of them can be named in any given
language. On this view of senses, a similar result seems to follow: not
every entity is presented by a (different) sense, and hence, SPC is false.
Without SPC, the infinite hierarchies do not get underway. Similarly, the
Cantorian paradoxes might be thought to be solved. If there are R, senses,
then the number of classes of senses is 20, hence it is impossible that every
such class is presented by a sense. This is as it should be, considering that
some such classes of senses might have an infinite number of members
with no common characteristics, and it would be impossible to describe or
delimit them with a finitely long expression in language. If the class cannot
be described or named in language, on this view, no sense could present
it. Something similar might be argued to provide a response to the other
violations of Cantor’s theorem.

Though they seem to have their unattractive features, relatively con-
servative ontologies of senses, such as the psychologistic or linguistic
varieties, do seem to be in a somewhat better shape vis-a-vis traditional
theories when it comes to keeping the number of senses at manageable
levels. However, I think the advantages are not quite so large as they may
seem. It is true that these sorts of views do greatly restrict the number
of senses we are moved to posit, and they can, to an extent, reconcile the
existence of senses with Cantor’s theorem in the sense that they can explain

why we were too hasty in concluding that there must be as many senses as
classes (or as many senses as properties or concepts, etc.) However, when'

2

it comes to the actual paradoxes discussed in Section 2, it is not at all clear
that they are in any better shape. This requires careful scrutiny.

The paradoxes listed in Section 2 are Cantorian paradoxes in the sense
that one can generate them by applying Cantorian diagonal methods. Can-
tor’s own argument for the theorem that every domain must contain more
subclasses than members was entirely based on the claim that whenever
this condition is violated, such paradoxes result. Therefore, the only reason
why a violation of Cantor’s théorem should bother us at all is that it leads to
such paradoxes. Now it may be true that the more conservative ontologies
do not end with the result that there are as many or more entities in a
certain domain as classes of entities in that domain, but it is not at all clear
that they fare any better in solving the paradoxes. The paradoxes may have
been originally inspired by Cantor’s theorem, but they can take on a life of
their own. If the more conservative ontologies of senses also succumb to

S
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the paradoxes, then it is not clear that they offer any particular advantages
over the more traditional theories.

Do the more conservative ontologies of senses help us at all with the
paradoxes? It seems clear that they do not. Consider first the class/sense
paradox. Even if it is not true for whatever reason that every class has at
least one sense that presents it, so long as some classes have senses that
present them, it still makes sense to speak of those senses that. present
classes that they are not in. So long as there is a class, C, contalmng.all
such senses, and any sense, C*, presenting C, there remains the quest1.0n
as to whether or not C* is in C. I do not see how the more conservative
ontologies of senses would help us at all here. The only'conceivable help
such ontologies could give would be to deny that there is any su‘c'h sense
C* presenting C. Such ontologies, after all, make room .for ent}tl&?s that
have no senses presenting them. Could C be one such entity? This is very
doubtful. The psychologistic and linguistic understanding of senses seems
only to deny senses to those entities that no one has ever thought about
or referred to using language. However, while writing this paper, I have
conceived of C, and, I certainly seem to have just denoted it. Provided that
the English expression ‘the class of all senses presenting classes that tl'ley
are not in’ expresses a sense, then that sense presents C, and the question
remains.

Similar considerations apply in the cases of the other paradoxes. On
a more conservative ontology of propositions, propositions might qnly be
posited to exist when someone has a certain thought or crafts a certain sen-
tence. Only those properties or concepts that someone has thought about
or named in language might be thought to have senses presenting them.
But it is not at all clear how this will help us in getting rid of, e.g., .D*
ftc:m the concept/sense paradox, a sense presenting the concept of being
it sense that presents a concept it does not itself fall under, or P from the
¢oncept/proposition paradox, the proposition that every eptlty falls under
the concept of being a proposition asserting the generalization ofe% concept
it doesn’t fall under. Unluckily for the proponents of the conservative onto-

logies of sense, I seem to have made use of these senses in my own mental
states and verbal behavior. I hope they will not blame me too much.

6. UNDERMINING THE INTELLIGIBILITY OF THE PARADOXES

We are left in need of a new solution. In addition to the notion of senses,
the paradoxes themselves make heavy use of notions spch as c{asses, con-
cepts and/or properties. It is perhaps somewhat tempung to think that the
paradoxes really arise from illegitimate use of these notions, and may not




316 KEVIN C. KLEMENT

have to do with how many or what sorts of senses are posited. There 18
perhaps something to this. Classes (or sets) have produced many other
paradoxes and problems. The nature of concepts and properties is not all
uncontroversial, and I have more or less been assuming that any grammat-
ically well- formed predicate (regardless of complexity) corresponds to a
concept or property of the same sort. None of the paradoxes or issues under
discussion here can be given a complete diagnosis or analysis until the
nature and existence (or otherwise) of such entities as classes and concepts
have been thoroughly explored. However, I think it would be a mistake
to think that we could expect the problems under discussion to be solved
straightforwardly by examining the nature of these entities independently
of discussing the nature of senses and how many and under what conditions
they can be posited to exist. Firstly, as I suggested in passing above, it is
not at all clear that the problems here under discussion can be solved by
those theories of the nature of classes (or sets) and concepts that have been
invoked to solve the paradoxes not relating to senses. The simple theory
of types in class-theory, for example, divides classes into (1) those whose
elements are urelements, (i) those whose elements -are classes of type (1),
(iii) those whose elements are classes of type (ii), and so on. Senses and
propositions are (presumably!) all urelements, and the classes defined in

the class/sense and class/proposition paradoxes are classes of urelements,

so there is no violation of simple type-theory. The axiom of foundation in
many modern set theories rules out a set containing itself (or a different set
in which it is included, etc.) Again, the paradoxes do not in any straightfor-
ward way require a violation of this axiom. Similar considerations apply
for the concept/sense and concept/proposition paradoxes: neither involves
something as dubious as asking whether or not a property applies to itself
(or even something in the same ‘ontological category” as itself.)

Secondly, even if the paradoxes could be solved by a theory regarding
the nature of classes or concepts that was adopted for reasons independent
of the particular sorts of worries under discussion here, it is not all obvious
that such a theory could be motivated completely independently of any
consideration of the nature of senses. T heories of types for example, are
usually understood as a theories of meaningfulness. The various versions
of Russell’s paradox are sometimes said to be avoided because it is not
even meaningful to ask whether or not a class is in itself, nor is it even
meaningful to ask whether or not a certain property applies to itself. But
if meaning is to be understood in terms of senses, how they work and how
they fit together, e.g., to form propositions, such a claim could not be justi-
fied independently of considerations of the nature of senses. Frege (1891,
1892¢), for example, himself argued — even before he was aware of the
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paradoxes plaguing the foundations of logic — that it is never meaningful
to ask whether or not a concept applies to itself. He based this largely on his
understanding of the composition of thoughts: thoughts consist of senses;
the sense of a (first-level) concept is incomplete or ‘unsaturated’, and thu;
coheres together with a sense presenting an individual to form a singular
thought (proposition); however, one could not replace the sense presenting
an individual with a sense presenting another first-level concept: the senses
simply wouldn’t ‘fit together’. This conception of fitting together is largely
metaphorical, but it has had a powerful influence on the imagination of
many philosophers.’

Caq a conception of the nature of senses similar to Frege’s, involving
the varieties they come in, and so on, provide help solving the paradoxes?
Perhaps. I think Frege’s views are probably rnot subject to the concept/sense
parado.x precisely as stated in the second section.!® For Frege, concepts
come in varying levels. For Frege, both concepts and senses present-
ing concepts come in different varieties or ‘levels’. A sense presenting a
cqncept would probably not be of the right ‘level” for the question to even
arise as to whether or not that sense would fall under the concept. Frege
dubs concepts that apply to individuals or objects ‘first-level concepts’.
However, senses presenting such concepts, as ‘incomplete’ or ‘unsatu-
x‘s‘tted’ themselves, would not be objects. However, I fail to see how Frege’s
views regarding varieties of senses would provide any help for the other
three paradoxes discussed in Section 2. The class C from the class/sense
paradox is defined as a class of senses presenting classes. Assuming that
all senses presenting classes are of the same ‘type’, then C*, as one such
sense, would be of the right type for the question to arise as to whether or

ot it falls within C, a class containing such senses. Assuming all propo-

ons fall into the same type, so that the same questions arise as to under
| concepts they fall and in which classes they are included, no solution
Id be forthcoming for the class/proposition and concept/proposition
piridoxes. As far as I can tell, for Frege himself, propositions (Gedanken)
mplete’ would all be considered objects of the same sort.

his original formulation of the Logic of Sense and Denotation
A‘l(m?éil Church (1951) adopted a somewhat complicated theory of type;
ql' senses. In addition to treating senses presenting individuals and func-
tions of different levels as themselves in different types, he also divided
senses into different types depending on whether the referents they present
are themselves senses or not. Thus, in addition to individuals, his type
§tru.ct;ure included the following hierarchy of senses: (i) senses presenting
individuals, (ii) senses presenting senses of type (i), (iii) senses presenting
senses of type (ii), etc. This hierarchy has interesting consequences for the
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infinite hierarchy of senses discussed at the end of Section 2; while it does
not block the result that every entity, including every sense, has another
sense that presents it, each member of the infinite chain is of a different
logical type, so one is not able to prove an infinity of entities of the same
type simply by assuming a single entity that is not a sense. However, when
it comes to the paradoxes themselves, these complications to the theory of
types provide little help. Indeed, Church’s first formulation of the Logic
of Sense and Denotation was found to be formally inconsistent due, in es-
sence, to the class/proposition paradox (see Myhill 1958, Anderson 1980).
In later reformulations (e.g., Church 1993), we find Church advocating
various forms of ramified type-theory.

Indeed, there is good reason to suppose that in order for a type-theory
to provide solutions to all of the paradoxes, ramification will be necessary.
Specifically, we must divide propositions into various orders. Propositions
that are about other propositions or involve quantification over other pro-
positions would necessarily be of a higher order than that of which they
are about or over which they quantify. Properties of propositions would
also be limited to those a certain order. For example, the property F from
the concept/proposition would have to be refined to something like: being
a general proposition of order n that does not fall under the concept it
generalizes. Any proposition such as P that invokes F would not be of
order n, and the question giving rise to the antinomy would disappear. The
system of ramification would have to be rather complex if it were to be
able to deal adequately with the class/sense paradox, as it would need to
explain why a sense presenting a class of senses would need to be of a
higher order than the senses included in that class. The details of such a
system of ramification would perhaps be best worked out in the context
of a formal system of intensional logic; then, one could explore in some
detail whether or not the sorts of paradoxes discussed in Section 2 would
be formulable in the system. We cannot make this attempt here.

What impact would ramification have on the question with which we
began this paper, that as to how many senses there are? Ramification would
seem to make it impossible to make any statement about the totality of
senses or propositions. Because no proposition or sense can be about a
range that includes itséff, it would be impossible to think or talk about
all senses or propositions irrespective or type or order. The only questions
that could be meaningfully asked would be about the number of senses
within a given type and order. Here, it not quite so clear that one would
be able to construct an argument for multiplying senses in objectionable

- ways. This is not to say that no arguments could be found for quite a lot of
senses, perhaps even an infinite number. For example, given a suf@g'gptly
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line-grained understanding of the identity conditions of propositions, one
might argue that the propositions expressed by the members in the series
of statements, ‘p’, ‘~ p’, ‘~~ p’, ‘~~~ p’, ..., etc., are all distinct pro-
positions of the same type and order, or perhaps, better yet, the same might
be argued about those in the series, ‘Sam has fewer than 1 brother’, ‘Sam
has fewer than 2 brothers’, ‘Sam has fewer than 3 brothers’, etc. However,
these arguments do not seem to result in contradictions or paradoxes.!!

This is not to say that there are not problems with this sort of rami-
lic;:apion. Firstly, the very theory of ramification seems self-contradictory.
Consider the statement, ‘propositions must be divided into various or-
ders’. This statement, if meaningful, expresses a proposition, and seems
4] express a proposition about all propositions, which is precisely what
ramification is supposed to rule out. Similar problems, of course, arise in
iny type-theory. Russell himself, the first to suggest that propositions form
‘an illegitimate totality’ so that it is impossible to discuss all of them or
gnumerate them at once (see, e.g., Russell 1908), was himself very aware
of the difficulties, and tried for years to avoid ramification. Indeed, at first,
he found the suggestion ‘harsh and highly artificial’ (Russell 1903, p. 528).
There may be reason to think that ramification would be even more difficult
to justify within the context of a broadly Fregean theory of senses, in which
propositions do not contain the entities they are about, but only senses that
present those entities non-rigidly.'? I do not pretend to have a solution to
these difficulties.

7. CONCLUSION

. Any theory that countenances senses, and allows that they can be identified

and individuated, whether or not the theory in question takes senses to
be ontologically basic, is left with a number of very difficult questions to
answer regarding how many senses there are and under what conditions
they can be posited to exist. We have not here presented a fully-worked
out theory of senses, but it seems clear that providing an adequate solution
to the paradoxes involving senses, classes and conCepts, greatly constrains
what sorts of theories of senses might be acceptable. Indeed, there may
be reason to think that the theory must provide some grounds for dividing
senses into a ramified hierarchy. There are many difficulties even on this

- strategy that remain to be worked out.

It might be thought that the whole mess can be avoided by eschewing

~senses altogether. But it is not at all obvious that this can be done suc-

cessfu}ly. It is true that there are strategies dating back to Russell’s ‘On
Denoting’ for denying that proper names and descriptive phrases like ‘the
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author of Waverly’ have any meaning (sense) on their own, and instead sug-
gesting that such phrases are only meaningful in the context ofa compleFe
sentence. However, this only pushes back the problem, because we are still
left with the paradoxes dealing with propositions. IF is also true that many
philosophers have attempted to do without propc?sitlons, Or Proxy a thegry
of propositions in some way. For example, there is the common suggest.lon
that a theory of propositions can be proxied in terms of sets of possible
worlds. But even the proxies for propositions are often enough to generate
paradoxes. Recently, a number of paradoxes similar to those discussed
here have been found within the dominant theories of possible worlds (see,
e.g., Kaplan 1995). The difficulties that arise with regard to the number of
senses and number of propositions are quite difficult to escape frorp. 'My
aim here has been the modest one of summarizing, and perhaps clarifying,
the problem. No ‘mode of presentation’ has, unfortunately, presented the

complete solution yet.

NOTES

1 Russell (1903, Appendix B) was the first to appreciate this .p‘roblem, alleging that it
posed a great difficulty for establishing the number of propqsﬁwns. He eve’n wrote to
Frege about the problem, suggesting that a similar problem might face Fre.:ge s theory (3f
Gedanken (see Frege 1980, pp. 147-166). Frege himself seems to have missed Russell’s
point, as I have argued elsewhere (Klement 2002b).
2 See Frege (1892D). For discussion of the interpretative issue, see Klement (2002a, pp.
65-76). ; . . N
3 It should be noted that this result is independent from the question thz}t arises within
Frege’s theory of indirect speech about the referents of clauses in multiply embedded
intensional contexts. For Frege (1892a), in an intensional context, the referent of an ex-
pression shifts from its customary referent to its customary sense..On.an orthodox. reading
of Frege, in a doubly embedded context, the referent of an expression 1s doubly shlft.ed t(? a
sense pfesenting its customary sense, and so on. This of course Would gpar.antee an infinite
hierarchy of senses, since intensional verbs can be embedded without limit. However, one
could still hold an interpretation such as that of Dummett (1973) or Parsons (1980)., in
which the referent of an expression is the same in a singly embedded context as mn a
multiply embedded context, while stgl{;l:‘admitting that there are senses that present other
senses, and perhaps even an infinite hierarchy of the sort descnbf:d here. 1 see no reason
why Dummett’s or Parsons’s theory of indirect reference would in any way call PC, PSE
or PD into doubt, and with these principles in place, the result is unavoidable.
4 In his ‘master argument’, Berkeley (1713, pp. 35-36) suggested th.'flt ‘th.e idea t.hat there
are entities that no one conceives of is an absurd hypothesis, because 1t 18 1mp9s31ble even
to conceive of something no one conceives of. This argument commits an evident §cope
fallacy. It is possible for me to conceive that there are things no one 'concewes of. without
there being something I conceive of that no one conceives of, just like I can believe thagt
there are spies without there being someone I believe to be a spy.
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5 In his theory of senses, Pavel Tichy (1988), e.g., countenances ‘rigid presentations’,
which present the same object in all possible worlds in which that object exists. However,
Tichy’s work certainly will not help the opponent of SPC, because, on his view, every entity
(including every sense) has a rigid sense that presents it. Rigid senses are strong senses, by
itself guaranteeing SPC.

6 1t should be noted that for this to be strictly correct, we must include relational proper-
ties. The sense of the expression, ‘the tallest building in the United States’ might denote
the Empire State Building in another possible world in which all of its intrinsic properties
are the same, so long as its relational properties (to, e.g., the Sears Tower) are different.

7 In addition to any metaphysically damaging consequences of denying SPC, there may
also be rather serious logical and mathematical consequences. In logic, for example, if we
admit that there is a class of entities that are not presented by any sense, we may very well
be forced into denying or restricting the applicability of the axiom of choice or any sort
of epsilon operator, because such things would allow us to select a single member of this
class and speak of, e.g., the entity that is not presented by any sense that is picked out by
the selection function, or, more loosely, the first’ (or ‘least’) entity not presented by any
sense. However, this seems to generate a paradox analogous to the Kénig—Dixon paradox
in mathematics, because I seem to have just provided a sense presenting this entity by
singling it out as the entity picked out by the selection function. Cf. Anderson (1987, pp.
106-107). .

8 Except perhaps, God’s mind. If God exists, and God’s cognition also works through
‘senses’, then surely SPC is undeniable, but these topics are obviously too large to be
tackled here.

9 Of course, not all maneuvers that do the work of a theory of types are meant as re-
strictions on meaningfulness. Consider Quine’s principle of ‘stratification’ in his ‘New
Foundations’ (1937). Quine. posits classes defined only for certain open expressions; an
expression such as ‘x € x’, as unstratified, corresponds to no class of things satisfying
it. But Quine does not rule out ‘x € x” as ill-formed. Thus, he restricts his existential
posits, not what formulae he considers to be meaningful. However, in order for a similar
maneuver to solve the all of difficulties under discussion here, we would have to weaken
our existential posits not only with regard to classes, but also with regard to senses and
propositions. That is, rather than ruling out certain formulae as defining classes, we would
have to deny senses or propositions corresponding to certain formulae. But this seems
simply to collapse into a restriction on meaningfulness, because it would seem to imply
that these formulae are without sense, without meaning. This is important to bear in mind
when we turn to the evaluation of recent work done, e.g., by Cocchiarella (2000), who
has aimed to expand a (broadly Quinean) notion of stratification to cover such paradoxes
as Russell’s:paradox of the totality of propositions (essentially, the class/proposition para-
dox). Cocchiarella fashions his logical systems in such a way that some complete formulae,
though well-formed (and thus, in a sense, meaningful) do not correspond to propositions
as entities falling in the range of the quantifiers. Cocchiarella understands the meaning of
expressions to consist in something like truth conditions, and hints that for some formulae,
these truth conditions can be reified into individual objects, though not for others. This
suggestion is in grave need of philosophical elucidation, for it seems to suggest that some
meaningful assertions express propositions, others do not, which has an air of paradox to
1t.
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10 Though this is not true if Dummett’s interpretation of Frege is correct. I argued else-
where against Dummett’s view on independent grounds (Klement 2002a, pp. 72-74), and
this is perhaps another reason to reject his interpretation.

11 Citing Dedekind, Frege himself gave a similar argument for an infinity of thoughts. See
Frege (1897, pp. 236-237n).

121t is perhaps easy to justify ramification by means of a vicious-circle principle if a
general proposition ontologically depends on those entities it quantifies over, because then
a proposition quantifying over a range that includes itself might be thought to depend
ontologically on itself in some impossible fashion. But on a Fregean theory of meaning,
senses do not ontologically depend on the existence of their referents; indeed, senses can
exist with no referents at all. A general proposition would similarly exist independently of
the entities in the range it quantifies over. So it is not easy to see what would be vicious
about a proposition quantifying over a range that happens to include itself. I have discussed
this issue in greater depth elsewhere (Klement 2002z, pp. 224-228).

REFERENCES

Anderson, C. Anthony: 1980, ‘Some New Axioms for the Logic of Sense and Denotation:
Alternative (0)’, Nodis 14, 217-234.

Anderson, C. Anthony: 1987, ‘Semantical Antinomies in the Logic of Sense and Denota-
tion’, Notre Dame Journal of Formal Logic 1, 99-114.

Berkeley, George: 1713, Three Dialogues Between Hylas and Philonous, Hackett, Indiana-
polis (1979 edition).

Carnap, Rudolf: 1947, Meaning and Necessity, University of Chicago Press, Chicago (2nd
ed. 1956).

Church, Alonzo: 1951, ‘A Formulation of the Logic of Sense and Denotation’, in P. Henle,
H. Kallen and S. Langer (eds.), Structure, Method and Meaning: Essays in Honor of
Henry M. Sheffer, Liberal Arts Press, New York, pp. 3-24. )

Church, Alonzo: 1993, ‘A Revised Formulation of the Logic of Sense and Denotation.
Alternative (1), Nois 27, 141-157.

Cocchiarella, Nino: 2000, ‘Russell’s Paradox of the Totality of Propositions’, Nordic
Journal of Philosophical Logic 5, 25-37.

Dummett, Michael: 1973, Frege: Philosophy of Language, Harvard University Press,
Cambridge, MA (2nd ed., 1981).

Forbes, Graeme: 1990, ‘The Indispensability of Sinn’, The Philosophical Review 99, 535—
563. ~ : :

Frege, Gottlob: 1891, ‘Function and Coneept’, in Frege 1997, pp. 130-148.

Frege, Gottlob: 1892a, ‘On Sinn and Beédeutung’, in Frege 1997, pp. 151-171.

Frege, Gottlob: 1892b, ‘Comments on Sinn and Bedeutung’, in Frege 1997, pp. 172-181.

Frege, Gottlob: 1892c, ‘On Concept and Object’, in Frege 1997, pp. 181-193.

Frege, Gottlob: 1897, ‘Logic’, in Frege 1997, pp. 227-250.

Frege, Gottlob: 1918, ‘Thought’, in Frege 1997, pp. 325-345.

Frege, Gottlob: 1980, Philosophical and Mathematical Correspondence, University of
Chicago Press, Chicago.

Frege, Gottlob: 1997, in M. Beaney (ed.), The Frege Reader, Blackwell, Oxford.

Jeshion, Robin: 2000, ‘Ways of Taking a Meter’, Philosophical Studies 99, 297-318.

THE NUMBER OF SENSES 323

Kaplan, David: 1995, ‘A Problem in Possible World Semantics’, in Walter Sinnott-
Armstrong et al. (eds.), Modality, Morality and Belief: Essays in Honor of Ruth Barcan
Marcus, Cambridge University Press, Cambridge, pp. 41-52.

Katz, Jerrold: 1981, Languages and Other Abstract Objects, Rowman and Littlefield,
Totowa, NJ.

Katz, Jerrold: 1990, The Metaphysics of Meaning, MIT Press, Cambridge, MA.

Katz, Jerrold: 2001, ‘The End of Millianism’, Journal of Philosophy 98, 137-166.

Kl;mint, Kevin C.: 20022, Frege and the Logic of Sense and Reference, Routledge, New

- York.

Klement, Kevin C.: 2002b, ‘Russell’s Paradox from Appendix B of the Principles
of Mathematics: Was Frege’s Reply Adequate?’, History and Philosophy of Logic,
forthcoming.

Myhill, John: 1958, ‘Problems Arising in the Formalization of Intensional Logic’, Logique
et Analyse 1, 78-82.

Parsons, Terence: 1980, ‘Frege’s Hierarchies of Indirect Senses and the Paradox of
Analysis’, in Midwest Studies in Philosophy, vol. 4, The Foundations of Analytical
Philosophy, University of Minnesota Press, Minneapolis, pp. 37-57.

Quine, Willard: 1937, ‘New Foundations for Mathematical Logic’, reprinted in From a
Logical Point of View, Harvard University Press, Cambridge, MA, pp. 80-101.

Russell, Bertrand: 1903, The Principles of Mathematics, W. W. Norton, New York
(paperback edition 1996).

Russell, Bertrand: 1908, ‘Mathematical Logic As Based on The Theory of Types’, re-
g;m;%(; in R. Marsh (ed.), Logic and Knowledge, Allen & Unwin, London, 1956, pp.

Searle, John: 1983, Intentionality, Cambridge University Press, Cambridge.

Tichy, Pavel: 1988, The Foundations of Frege’s Logic, de Gruyter, Berlin.

Philosophy Department, 352 Bartlett Hall
University of Massachusetts

130 Hicks Way

Amberst, MA 01003-9269

U.S.A.

E-mail: klement@philos.umass.edu

Manuscript submitted 6 February 2002
Final version received 15 April 2002




